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33509 = nk '+53j 21685 = nk +37 
33456 = nk' j 21648 = nk <Uj 

PGCD (33456,21648) = 12xPGCD (2788,1804) lial 33456 j 21648 



1 

1 

1 

5 


2788 

1804 

984 

820 

164 

0 


PGCD (33456,21648) = 12x164 = 1968 
i 4_uii} PGCD (33456,21648) aa*il ^la jl kjuJ\ j« jj£^jl jal 1968 = 2x984 

.77 =1968 jal 









182 

126 

56 

14 

0 


. PGCD (182,126) = 14 jil 

: j (JLa*HujI (2 

182-126 = 56 *b*- 182 = 126x1 + 56 
126-56x2 = 14 126 = 56x2 + 14 

. J3 = 3j a = -2 2P) • 14 = 182(-2)+ 126x3 ^ 14 = 126-56x2 = 126-(l82-126)x2 : jil 

.5 ^SUI ai«j 1399 = 82x17 + 5 
PGCD (1399,82) = PGCD (82,5) = 1 

• b j & 


. b = -252 j a= -350 -' 
PGCD (-350,-252) = PGCD (350,252) = 14 
. b =-735 j a = 126 - m 
PGCD (126,-735) = PGCD (126,735) = 21 
. b =575 j a = -138 

PGCD (-138,575) = PGCD (138,575) = 23 
PGCD (54,82) = 2 

.PGCD (5400,8200) = 100PGCD (54,82) = 200 

. jjAa!) <j4aj+41 Jjiaj AjauJall JlJcVl Cy> (a ,1) ) CjUjUjII JS £jfr i 41 ylI 36 2x* 

. L^iu Lua jjJjl b' j a' £* b =db' ifl = da’ (3±kj jPGCD ( a,b) = cl : 

f 9(a'+£’) = 54 . \a+b= 54 


. (a,b)e {(9,45);(45,9)} ^ {(1,5);(5,1)} J! («’,D’) 


p gcd(a',b ') = 1 [PGCD(a,6) = 9 
( a'+b' = 6 

IP gcd(a',Z?') = 1 


oLlx-o < 


(a,fc) S {(9,63);(27,45);(45,27);(63,9)} s j^CZJ) = 9 

fa +Z? =420 

( a ’^) e {(84,336);(168,252);(252,168);(336,84)} ‘ | pGCD b ) = 84 


36a ' = 360 


olix-a 


f a/? =360 


J (a',b ')e {(1,10);(2,5);(5,2);(10,l)} 


pgcd(a',b') = l [PGCD (a ,b ) = 6 
a'Z? ' = 10 

ft 1 43 0 

P gcd{a' ,b ') = 1 
(a,b)e {(6,60);(12,30);(30,12);(60,6)} 





(a,b )€ {(5.540);(20.135);(20.135);(540.5)} i 1^™° b) = $ 


. {a,b) = ( 35,28) J (a,b) = (85,80) .Lx. 


a-b= 825 


[PGCD (a,b) = 5 
. PGCD (36,55) = 1 ib = 36 j a = 55 -i 
.PGCD (165,14) = U Z? =165 j a = 14 > 

PGCD (1155,872) = 1 ib =872 j a = 1155 

. I aq jjj L«j 3 (jlJji b j ci jjjjixll (jl (Jjkj aJL^. (J£ 

PGCD (140,143) = 1 (1 

: jilillllll aJL^. (JS (2 

. . fa =140x34 

. PGCD (a,b) = 34 *Uxa PGCD (140,143) = 1 j ^ - 1 

v 7 v ’ [b =143x34 

, . , . fa = 143x82 

. PGCD (a,b) = 82 ol«- PGCD (140,143) = 1 j \ - ^ 

V ’ V ’ [b = 140x82 

. 500 f-i V 7 jV 


(jjjLu 

Z (j* 4jLI£ . 1 

4 lii.4 . x = 4 Lojj tc = 3 Gj : 2 < x < 5 4-ua. ;c -i-ic. t jjj]tila]l jjj SiU^all 

<*_Laall j (J£ ^7y jjljZiA LajujU iiijj i 15 6 j 90 G^jHa ^a 3 Cmj 90 l x j V 

• 3m LS & (jjjlljla 4aLji&ll 

^jjjlljla ^jjJ^aC. dllc-1 olaC-V^ .iAC- liGj 2(90 + 156) = 492 m A»laAa. ^ 

492 

-= 164 

3 

.220 .110 ‘55 ‘44 ‘22 ‘20 ‘11 GO ‘5 ‘4 .2.1:^ 220 ji 

1 + 2 + 4 + 5 + 10 + 11 + 20 + 22 + 44 + 55 + 110 = 

284 

. 284 ‘ 142 ‘ 71 ‘ 4 ‘ 2 ‘ 1 : ^ 284 

.1 + 2 + 4 + 71 + 142 = 220 

• 3 iSjCu jl ^ya ^)j£l Ljxula IllC. 77 (jfLl 
77-2 4 L_ac.U^A 72 + 5 Ala j 72+5 = 72—2 + 7 li )4 
• 77 = 9 J 72 = 3 J\ 72 - 2 = 7 J 77 - 2 = 1 gJtilljj 7 JAxll ^15 77-2 olixa 






o£lU! J JU14, n -2 = 7 j w -2 = 1 j « +5 = 14 J n + 5 = 8 jli n = 9 j n = 3li] 1+^c 

• 77-2 4 77 + 5 

.15 • ^a 8 .iixll ^ A_iaj f 8 i 4 t 2 i 1 ^^a 8 ( 1 

.121 i j& 81 -iixll ^ j ^ ^ xi a. la j ‘ 81 . 27 . 9 . 3 . 1 81 


.4x5 = 20 +*8x81 aixII ji ai& ji) 5 ja 81 ja aic. j 4 +* 8 ja ai& (2 


77 + 2 77 -1 + 3 77 -1 


- H- 

77 - 1 77 - 1 77 - 1 77 -1 


(1 


e \ i'll i 3 . 5 .. . . 77+2 , ..... 77 + 2 3 

j jSj jl ■. taj I Jl^Jj 1 a-ia ■ «a 1,1.1c. -j jSj jl .jSj La-ia-na I .He - j j£j .JLiJbj -= 1 + 


77-1 


77-1 


77 - 1 77 -1 

• 3 .1.1x11 Leii (77 —l) .11x11 

(77-1 = 3) j (77-1 = 1). ( 77-1 =-3) .(tz-1 = -1) JU19j 3 j l.-3.-l^ 3itall fJ J 
. 4 j 2 .0 : ^ aiS^II ‘LojS jli 77 G N J '-+j i n = 4) J (77 =2) . (77 = -2). (77 = 0) elix^ 

yfla jillC j3 j CC tj^ll (2 


(2a + l)(2^ + l) ja a 2 = 2 2 “x3 2/? ^ j tz = 2“x3 /? 




obx-a( 2t? + l) ( 2/? + l) — 3 ((2 + l) (y5 + l) : lli.ll d.;4ix .a ' l jaj ( ££ + 1) (jB + l) jA Cl 2l JlC- j 

p cxi^p — l) = p + 2 jil^j ccp — cc = P+ 7. ulix-aj4Qy5 + 2c£ + 2y5 + l = 30y5 + 3£? + 3y5 + 3 

far = 4 


.a = 2x3 =144jl (3 = 2"x3 =324ji] »> 


P = 2 >5 = 4 


a = 2 « y? + 2 

(jl ^JL4J JjjLoJI J!>JI • CX — ' 


>5-1 


. ^ ^ 4 ji] jj£ 14aj -12 = 0 aHxJI jli x = 4 jl£ li] xy - 4y -12 = 0 


. 12 — 2 x 3 lii.ilj 12 ^ - -+ x — 4 <iaj y — 


12 

x -4 


oli»-<i xy — 4y -12 = 0 


x -4 

_12 

_6 

_4 

_3 

_2 

_1 

1 

2 

3 

4 

6 

12 

X 

_8 

_2 

0 

1 

2 

3 

5 

6 

7 

8 

10 

16 

J 

_1 

_2 

_3 

_4 

_6 

_12 

12 

6 

4 

3 

2 

1 


/ (*) 


xg[-3;1[u] 1;3] 0^1(1 
2x 2 - 3x - 3 2x 2 - 3x +1 - 4 


x -1 

(x -l)(2x -1) 4 


-1 


■ 2x -1-- 


x g [-3;l[u]l;3] M g C f 


f( x ) , , , 

x -1 x -1 x -1 

Aa-ia»^a lllcl Lgjiliil .la] ^jIjuaaII j^i A laflj A/ (x ,y ) j^ll (2 


y - 2x +1 = - 


4 


x -1 


ip y =2x -1- 


4 


x -1 


4 j^oiL x -1 a'4 


x -1 

_4 

_2 

_1 

1 

2 

4 

y -2x +1 

1 

2 

4 

_4 

_2 

_1 

X 

_3 

_1 

0 

2 

3 ' 

£ 






J 

_6 

_1 

3 

_1 

3 

8 


. ft = 77 (ft + 5 ) Alt ft 

Cl (jli Lajj I Alt ft (j\£ lil (1 

.^jj JJt a jil Lg*.jj Aic. jAjn 1 +5=4k 1 +4k+6‘ > c^jn=2k+lJ^ bjja Iaic. n jlS lit 

■ n=3k+2 t ft = 3k +1 <■ n = 3k cjj/UJI j^j AiijJall (2 

3 J 2 L QC^.1 1 ^1 ft (ft — lj (j! (_r^ 6 JAxii i_ac-l >> 1 x 1 ft (ft — lj JA*1I (jl (jlAjjU S L5 Jt-llL J.1C. ft 

.cAj/LJ jaaj 1 \n 2u3 (jLdjl 3 j 2 (jV 

(jjdljl (jjAuilfl 10 ^ui \jjdJ (j-a 2 j.llj 10 ^ic. 4-Ajoiall (_) 2 j 22 ^ — 22 oLi*-G 0 _^A 22 ^ — 72 JAxAl jlaJ ^ 2 _j 

. 5 J 2 2aA Aa<2 

./i 5 — /i = /i (/7 — 1 )(^ + l)(/i 2 + l) l$\ n 5 —n = n (ji A — l) = n (n 2 — 1)(^ 2 + l) 

. 2 2 (._flc-Lja-o (_^1 J. 1 C. ^A (j31 (jjjll^li-a jjjjatnli (jjJ.lC. £. 1 . 1 ^ ^A 22 ^22 - hi) 2 j.ll 

. 22 L_fl^2ja* 22 5 — 22 jit 2 2 L_fl^2ja* 22 (22 +l) J , 22 (ft +l) 2 L_fl^2ja-a 22 5 - 22 
. 5 4 lic-Lja-o (_>«2 Llj 5 2 lic-Lja-a Lai ^A 22 .1.1c. (J£ 2j.ll 

. 5 -2 cJicLln-a 22 5 — 22 <jli 22 -J e_a^Lja* 22 5 — 22 (jl Loj , 5 -J 2c2la-a 22 (jl£ 12 

.4,3,261 ^^A 5 ^jAc. AlLajoiS ^Ijj (j2 5 -A 2c2ja-a qua 1 22 (jl£ 12 

(jjf2 Aj\i 22 —1 ^2 L_fic2ja-a 22 5 — 22 (jl Lajj 5 —1 e_ac-Lja-a (jjfL 22 —1 (jli 1 jA 5 ^^^Ac. 22 *2 u u .i 3 ^2 (jl£ 131 

. 5 _1 L qc.1 . >>^ 

(jjf2 4i2 22+1 -J c. 22' —22 (jl Lajj 5 —1 c_ficLja^ (jjf2 22+1 (jli 4 jA 5 ^^Ac- 22 A^.2 ^2 (jl£ 131 

. 5 _1 i QC.1 i>a.a 

22 2 = 25/: 2 + 10/: + r 2 <i*j 22 =5/: +r <jli r e {2;3} 2^ r ja 5 22 ^2 jl£ 131 


+ l = 5(5k 2 + 2k) + r 2 +1^ 
upLJI J j'4n 2 +l = 5(5k 2 + 2k) + l0 J n 2 +1 = 5(5k 2 +2k ) + 5 jli re{2;3} jl£ lij JUbj 
. 5 —S i- '<£•' t>ixi ft " — 77 ft “ + 1 —S L <c-' t>i^ 72 — 77 (jl LaJj 5 ^-1 >- <C.I > Aa 77 +1 

5 J 2 (jjJ jV I j)JJAtll |_1 <U + ft 5 — ft JA*JI ^_il2ljj . 5 2 l tr -1 >>77 5 — 77 t 77 22c. (J£ (J^l Qm jpl 

. 10 JA*U L_ac.l_Aaxi j& ft 5 —77 (jil 

(77 5 — 77 j . 0 jA ft /,+5 — 77 ,,+l -L^.1 j»3j jl ollx-a ^La.VI j2j (_>aaj La^J 77 ,<+ ^ j 


<l«j ft' +5 -ft' +1 


P+5 . 7 ,^ + l 


.10 jaJI n p+5 -n p+1 


2 ( _ r lc. “Lajoiall (Jjsj Ajl j)A^)jj jl 14 ^Ic. <Ajji a . l l Jjaj 77 7 —77 (jj^) ft ^Ale. J£ J^l j)A jjl (jlA^jll 

.La^ijj Iajs (jlJjl 7 j 2 (jSf 7 (^ic-j 

b =n 2 +3ft + 2 = (ft +l)(ft +2) j ft = ft 2 +5/7 + 4 = (ft +l)(ft + 4) < ft J£ Ja.! (> (1 


• b J & (j-p.1».ll ^juj 2 ^A 22+1 ^^*A1 (j3j 




3 n 2 +15/7 +20 = (n+ 1)(3 n +12) + 8 M (2 

c$l /7 +1 g {l; 2; 4; 8} Aiaj 8 La^la n +1 sLix-a 3/7’ +15/7 +20 La^li 77 +1 clp) 

. n g {0; 1; 3; 7} 

3/7’ +15/7 + 20 77+1 J-lxll iaj |0; 1; 3; 7} A& al l 77 (jiajjxjj l; t u5c . j 

E2 


. 77 


. 77’ +77 +3 j 77 -1 fj-iii (3 liua. 77 j 77 

-2/7+1 f-ui 77 C$1 (77 — l) 2 a (jil 77 — 1 jus&i a j 77 2 - 2/7 +1 = (/? — l)“ljjjl- ' 
• 3/7+2 J\ (/7 2 + 77 + 3 ) - (77 2 - 2/7 + l) +-+J a o- 1 ] n 2 — 2/7 + 1 j 77 2 + 77 + 3 77 - + 1 

a c$' (3/7 + 2) -(3/7 -3) (jjill <jla 3/7+2 a jl Iajj 3/7-3 f-ui 77 ax«j 77 -1 a 

• 5 AM lt j 

• 77 g {—5; —1; 1;5} - ^ 

y^0jx^0jilx+}; l<uii xy ai*JI l$lJ <> (* ; y ) ajISI! J ^ jii 1 

jj] x 3 / j 3 / ^Luii x Jtilljj 3 / = x (yk - 1 ) j x = y (xk - 1 ) jil k eN £* x + 3 / =xyk UaiIj 
• x=y=2j\x=y=l jil 2 x Aioj 2 = xk 2x = x 2 k x = y 

u^(2,2)j (1,1) 

£jJajj Cl ^^xl\ \\x') . Yl Ia^-IC-j AjxjiJ-i ^ S • ^ 

. 1 l^JalLaJ 4_Jl21a jA iS = Cl + + l) + (^U + 2) + ... + + fl — l) 


S = ~ (t7 + (t? + 77 — 1)) : 


77 +- 


77 -1 


A 

J 

77 — 1 77 — 1 5 

JJlC. jA k = 77 H-Aiaj ^xnl-i JAC. (jj^J - Ls ^-jj jA 77—1 (jU cS-'jS cs - *^ 3 -AXc. 77 J 


. 77 ^jic. A-tiuiall (Jjii S (jil k G N ^ 5 - nk Aioj 


AjjalaSn . 2 

.71 72 Jc. 71 jjxII a^I ^Ji9 jil 71 = 0x72 + 71 

. A ■ +3 1 . j A_^i^a]l Ijc-La ' jX> ■ 34 A_^i^a c]^ . ' jX> • 4350 Ajic. • t : jjS *^ 

. laia' jX>■■ 32 lfcilc- • t j j'X„ A^i^allj aL 4£ A_^i^a 127 1 .4 j£31 j 4350 = 34x127 + 32 

100 10 °=137t +26 + 9 UjjIj • 100 I(K) = 13/t +35 ^ k 

.9 ja n^lOO 100 l^i^jli9<13 lOO 100 = I3(k +2) + 9 J\ 
7/7 = 17At +8 c$l -12 j 8 cs^J^ IV n j in ^ a< » 4" ^jUaUll 

• pgNj IgN (*-<i/7=1779+12j 
m +n =17 [k + p ) + 20 = 17 [k + p +1) + 3 

• 3 jA 17 (^Jc. 7/7 +77 2-<ual jil 




mxn = (Ilk +8) (17 p + 2) 
mxn = ll 2 kp +11 (2k + 8p) + 16 
mXn =ll(llkp + 2 k + 8p) + 16 
.16 17 (^Ic. mxn C<a3 jjL jil 

m 2 = (llkf +16x11 k +64 
. m 2 = 17 (ilk 2 + \6k +3)+ 13 
.13 j* 17 m 2 C<u3 ^33 jil 
. 7 Jc. a^I ^aj 2 3x0 -1 = 0 

. 7 Jc. 5u-ill cMj 2 3(p+1) -1 c^j^j k eN ^ 2 3p -l = lk J\1 J*. 3^ 2 3/J -1 

2 3 ( p+!) _i_ 8x 2 3/ ’-l = 8(7fc +1) — 1 = 56A: +7 
(J£ 3^ Ajl ^3ia £a.l I-Iaxs i-lma, . 7 ^3 AaluaII 3^4 2 (/ ^ — 1 A_l<sj2 ^ —1 = 7(8^ + l) 

. 7 ^1^- A xix.iq\' 34^3 2 3 " — 1 ^^*11 4 /7 ^Jt_i3a 

leNj, 2 3 " -1 = Ik «H e N 3* 3=J O- -1 

.1 ja ^131 jil 2 3 " = Ik +1 cs! 
.2^131 jil a = 2 3,!+1 = 2(lk +l) = l(2k) + 2 
.3 ja ^il3l a = 2 3 " +2 = 4(7/: +l) = l(4k ) + 4--?> 

13 jlxAA jj3j d Aj-oj ci~ + b ^33 ^a ^1313^ ci~ ^ajj3 b ^ ci 3 ^!luus Cu3ii ci ^j3 ^3 

. (a 2 +b) j a 

b a^»3 ^g\(ci~ +b) —ci 1^*11 ^j3ii ^1313^ ci~ ^**3 ^.3 (a - +b j j ci 3^^*3 3^j!1uus 3^3 d ^j3 

• b j ci Lcuoili q j£j d 

• b J d A£jjAa11 ^jujI jill d ^sjoiI jill J l^A ^j-o g-IniuiJ 

. PGCD (a-a 2 +b ) = PGCD (a\b ) 3j 
2a + 3b j 3b t 2a 4 a +b : 3^tVl (> 3^ ja b j a 3jHa ^3 3^ (2 

• 2$ H“ 3 b J d ~\~b ^JuAi ^A b J Cl ^ajujli (j£ (jjj 

4 2 (a+b) t 3(a+/?) 3^c.Vl 3^ ^3 ja 2a + 3b j a+b uj-a* 3 3ji3a ^3 2$. 3j3 u 333 j 
( 2a + 3&)-2(a+&)=6 j 3(a +&)-(2a + 3&) -a l±^j(2a + 3b)-2(a+b) j 3(a+b)-(2a + 3b) 

b J Cl ^SJajli ^A 2(3 + 3 b J & ~\~b ^SJojli (J£ 

• b J Cl A£^)jjaui]l ^^A 2^Z H“3/? j Cl~\~b (jl i^A ^r"iVuj.)‘i 

. PGCD (a +b ;2a + 3b ) = PGCD (a ;Z?) u-3^3j 

. b —l 3n — 1 j a = 1 la + 3 . ^ 77 

13a -11^ = 13(1 la + 3) — 11(13/7 -1) (1 


• 13a-llD = 143/7 +39-143/7 +11 = 50 



<j4 , 50 = 2x5 2 Ujjl.50 PGCD(a-b) J 13a -Ub Jjillj Ub j 13a ^PGCD (a\b) (2 

• {1,2,5,10,25,50} J) PGCD (a;b) 

■ PGCD (a ;Z?) = 50 2’n^i {a \b ) <4121 jjj*j (3 

6a -5b 4li2£j 5 b j 6a <l« j b j a 50 

IgN* £-«/7 + 23 = 50fc j 77 + 23 £^44 50 J\ 
(a\b) = (300;350) <i«j n=21 k = 1 4iLj n = 50& -23 o4*^j 
PGCD (a ;Z?) = 50 '•» $\n 44 j4ij' 7 j 6 2y-2j Z? = 350 = 7x50 j a = 300 = 6x50 <_>4*i4j 


Lo^jjj 44 (jU J b' j a' i b =l6b' , a = 16a' 4ua. N* 2 j* (a '\b ') 


2cr +b 2 =20992 


[PGCD (a-b) = 16 

<41 jil b ,2 = 2(41 — a ,2 ) 2a' 2 + b a =82 Jc. lU^ JjVl 4^' u- 


a' 2 

1 

4 

9 

16 

25 

36 

b' 2 

80 

74 

64 

50 

32 

10 


(a;b) = (48,128) (3,8) ^ (a';Z?’) <2441 ji] 

• PGCD ( a\b)=d j N* t> j4ar. b j a 

£^4 ab + 5d 2 = 35d J 4^ 44 jUj b' j a' s b =db' , a =da' 4u=>. N* 2 1 > (a ';Z?') 2 ^.jj 

1,5,7,35 : v *35 r Jjia'b' = —-5 J 35 r i i d d (a'b '+5) = 35 d 2 (a 'b '+ 5) = 35d 

d 

12a j a 'b ' < 0 jli d = 7 J d = 35 <j4 41 
30 = 2x3x5 liplj a 'b ' = 30 jli d =1 <j4 41 
(a';fc , )e{(l,30);(2,15);(3,10);(5,6); : {1,2,3,5,6,10,15,30} : ^ 30 Hi ^ 3 —j 

(6,5); (10,3); (15,2); (30,1)} 

■ (a\b)e {(5,10); (10,5)} 4-, ( a '-b ’)e {(l,2);(2,l)} ia'b' = 2J* d = 5<j4 4l 
. (a;Z>)e {(1,30);(2,15);(3,10);(5,6);(6,5);(10,3);(15,2);(30,1);(5,10);(10;5)} : 4^4 
, la-5b fjj&i d 3b j 4a , 5b , 7a i> Jii H* j* ji] Z> <■ a — 5 ISj44 4*4S d j4i (1 

| j |jc | 4 jiia d J\ 3b -4a j 4 a -3b , 5b - la 


<j4jail d gJjlljj 5y j 3x ,ly , Ax t> J^i H* ja y j x 4 4,j44 4Ji d <j£4 j4*JI 

3.x: -5j j 4.x: -7y 

3.x: - 5y = 3(la - 5b ) - 5(4a - 3b ) = a j 4x - ly = 4(1 a - 5b ) - 7 (4a - 3b ) = b 44 

• b l a A fjJi d 

0^4229 j • y j x <c. jAy-A lg.T.j. 1^1 b t ci 

.PGCD (\x |;\y |) = PGCD (x;y) = PGCD (a \b) 
\(lcc-5/3)(4a-3j3) = 1300 


( 1 )- 


PGCD (a:j3) = 5 


(2 




jB = 4x -ly ja = 3x -5 y jjlj (1 J>4I • y = 4a-3 ft j x = 7a-5j3 : 

xy =1300 . . 

• . . s(l) jil -PGCD(x ;y ) = PGCD(cc\B =5 

PGCD(x\y) = 5 C v ' ‘ v y ’ v 

y = 5y ’ j = 5.x: 1 j |y ’| j |* '| Aa. jA jb-ic. y ' j .* ' oU*-« PGCD [x ; y ) = 5 

x 'y ' = 52 J 25x 'y ' = 1300 Ai-, 

52j 26,13,4,2,1 ^ ^Ij5j 52 = 2 2 x13 


X ' 

-52 

-13 

-2 

-1 

1 

2 

13 

52 

y ' 

-1 

-2 

-13 

-52 

52 

13 

2 

1 

X 

-260 

-65 

-10 

-5 

5 

10 

65 

260 

y 

-5 

-10 

-65 

-260 

260 

65 

10 

5 

a 

-755 

-145 

295 

1285 

-1285 

-295 

145 

755 

P 

-1005 

-190 

415 

1800 

-1800 

-415 

190 

1005 


(a;/?)e {(295,415);(1285,1800);(145,190); (755,1005)} 

. U^ . 'u j Lua £lJji b j a u' ‘ n nh jjc. JS Jai <>s ‘ 88 cft\ 85 ujjAII u - 

. b =2n + 7 j a =n + 3 

. d = 1 <Xaj 1 ^AL d j- 1 ) b - 2a = 1 : UA j b - 2a j 2 a jAL jil 6 j a jAL d 

. Z?=8n+llja = 3rc+4 

. d = 1 j 1 ^AL d ji] 3/? - 8c/ = 1 : LA j 3b - 8 a j 3b j 8 a <Aij j il b s a ^AL d 

■ b =5n + 4 j a = 9n + 7 
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]-*l Uii ' ;JaJt 

ujLua ^ULa 

/ 

l_gj 4_lXjJaj ^9 L^jlaSl jaII t._*oilajJ * L-fl 

l_l^. 1^£ A^.ljjal cJ^u ^a (J-^xll * 

1-*I Uii ' ;JaJt 

OX + /?)’ — C JluJl CjA LjVjbua Ja. 

/ 

. <3X +Z?v = C JS4JI t> CjVjL«-»1I CjUsIjJI i. AL jj ;i—fl-^-ll 

.L5^3^° l . 1- >' j^ jl ^1 j9l jjAjJa JaLaull ^9aj 

i ..Utl 





. n 


. am 
C =c [n]j B 


A, Vttl MJ jLaISI 

Z tJ ^at>* 2 t. 1 

.45 = 3 [7] 04 ! 45 - 3 = 42 = 7 x 6 - Q 
,152 = 2[3] 04' 152-2 = 150 = 3x50 
. 29 = -1[6] 04' 29 —(—1) = 30 = 6x5 -- 
. 137 = -3[5]<^j 137-(-3) = 140 = 5x28 -•> 
. -13 = 2[5]<^j —13 — 2 = —15 = 5(—3) - j 
—17 = —7[l0]<i-j—17 —(—7) = —10 = 10(—1) 

J k eZ ^ 37-x = 4k 37 = x [4] gj 
* x =37-4x2 = 29 4 x =37-4 = 33 « x =37 iii cA-j x =37 -4k 

x = 37-4(-2) = 45 . x =37-4(-l) = 42 
. 4 O ' 0 LoLoj J-lxll jAj X = 1 ijj-9 k = 9 (_i^l o^ 

. leZ ^ n = 71+4 .U*-« ft =4[7] | j 

--<k < — J 0<lk +4<30=1^0 <77 <30 
7 7 - 

.«6 {4,11,18,25} Ai.jJke{0,l,2,3} oil it e Z 
n = 8[12] jil 140 = 8[12] j n =140[l2] Q 
. 12 n ^10 j* 8 0 !^ 0 < 8 < 12 o' 4+ 

:jij JC = 2[7] Q 
x +5 = 0[7]<^j x + 5 = 7[7] 
x —5 = 4 [7] <j-j x — 5 = —3 [7] 

9x =4[7] 41.j 9x =18 [7] 

-15x =5[7]4i.j -15x =-30 [7] 

. x 3 = 1[7] J\ x 3 = 8[7] 4iaj x — 2[7] 
e {2,23,46} o' n -2 j 46 n ji] leN* ^ 46 = kn .U*-. 46 = 0[/7 ] -' 

.« e {3,9} o' ft - 2 j 9 « jij k e N* 9 = kn «U*-« 10 = 1 [ft ] - v 

. ft e {2,11,22} o' n - 2 j 22 ft 04 ' leN* <*-« 22 = kn 27 = 5[ft ] - 
= bin [ft/;? ] oUxx j am —bm = knm leN ^ a—b = kn «U*-« a = b [n ] 

= b [ft] 4 A = «[ft] liAj C —c — 0[ft] j B —b =0[ft] 4 A —a = 0[ft] liA 

.ABC —abc = 0[ft] o' A5C =«&c[ft] jij 





. k e N* £* n = fcm eU*-« 77 = 0[m ] 
.Feff £-*a-b=k'n eli** a =b [ 77 ] 

■ a=b [777 ] oil a -b = k 'km Ai«j 

ai.j 12924 = 4[l0] . £> = 3[lO] ai^ 15163 = 3[lO] . a = 7[l0] a^j 30757 =7[10] (1 [J] 

. c =4[10] 

. a+b +c = 4[10] a +b +c =7 + 3 + 4[l0] -' (2 

. a-b +c = 8[10] Ai«j a-b +c = 7 — 3 + 4[10] - 
. a+b -c = 6[10] a+b -c =7 + 3 — 4[10] --?> 
. abc = 4[10] a+>j abc = 7x3x4[l0] - J 
ab +ac +bc = 7x3 + 7x4 + 4x3[l0] 

. aZ? +ac +Z?c = 1 [10] 

. a 2 +Z> 2 +c 2 =4[lO]Ai.j a 1 +b 2 +c 2 = 49 + 9 + 16[l0] - j 
0 < 77 < 24 41;^> 77 AjjU-i. 41 Ac-UI 

. f U a^LJI J\ 19 J] ^U! jil 77 = 19[24] J n = 115[24] n = 3 + 112[24] - i 

. La.lik-a Jl Cljl£ AcUJI (jil 77 = 8 [24] ij\ 77 =—160 [24] Aioj 77 =3 — 163 [ 24] — <—1 

. D aLUI J\ cUi M 3LLL1I ai.,, 15123 = 3[5] -1 [0 
. D ALiill J\ 4LUI a^j -15132 = 3[5] - m 

12 4 =16[5] J 12 4 =2 4 [5] a^^ 12 = 2[5] [Q 
1527 = 4x381 + 3 .12 4 = l[5] a^j 16 = l[5] 

. 12 1527 = 3[5] J 12 1527 = 1 381 x2 3 [5] a^j 12 1527 = 12 4x381+3 = (l2 4 ) 38 'x12 3 M 

. 371 238 =l[5] Aiaj 371 = 1 [5] [J] 
. 579 2008 = 1 [5] a_l<ij 579 = —1 [5] 

. 1429 2009 =4[5] jli —1 = 4[5] J Lu 1429 2009 = -l[5] a^j 1429 = -l[5] 

. 1954 1962 =1[5] Ai«j 1954 = —1 [5] 

. 1754 12 = 1[9] a_1xsj 1754 = -l[9] # [g 
34572 457 =3 457 [9] Ai.j 34572 = 3 [9] # 

. 34572 457 =0[9] 3 457 =0[9] jil 3 457 = 3x3 456 = 3x9 228 

^ (-3) 2009 = -3x(- 3) 2x1004 = -3x9 1004 375 2009 = (-3 ) 2009 [9] Ai-, 375= -3[9] # 

. 375 2009 =0[9] jil(-3) 2009 = 0[9] 

. 4 2003 +1 2003 ^ 0 [ 5 ] 42003 =^2003 ^5] ^ 4 =_![ 5 ] | 

32003 ^_ 2 2003 [ 5 ] ^ 3 = -2 [ 5 ] 

. 3 2003 + 2 200 3 = 0 [ 5 ] Oil 




,2008 /->2008 , o 2008 a 2008 


_ j _^2008 _ ^2008 _ j _ rj 2008 _ g 2008 


2n+l , o2n+l 


‘ l zn+1 +3 


-j^2n+l _|_ ^2«+l _|_ ^2n+l _|_ ^2n+l 


l 2003 + 2 2003 + 3 2003 + 4 2003 = 0 [5] 

. 6 2007 + ] 2007 = 0 [7] oil 6 2007 = _i 2007 [7] ^ 6 = —1 [7] -V 
oij4 2007 = -3 2007 [7] Ai.j 4 = —3[7] i 5 2007 +2 2007 =0[7] <j4 5 2007 =-2 2007 [7] 5 = -2[7] 

. p 07 + 2 2007 + 3 2007 + 4 2007 + 5 2007 + 5 2007 = o[7] JtiLj i 4 2007 + 3 2007 = 0 [7] 

. 5 = —4[9] i 3 =-6[9] i 7 = -2[9] i l = -8[9] 

^2008 _ ^2008 ^ 2 2008 — g 2 0° 8 |“gj < y2008 _ 22008 ^ j2008 _ g2008 ^ 

^2008 _^_2008 _ ^ ^ 2008 —g 2008 = [ty J i y 2008 _ 2 2008 = [g j i J 2008 _g2008 _ ^ 

j2008 _ 22008 _j_ ^ 2008 _ ^2008 . 

2008 _ ^2008 _j_ y 2008 _ g2008 _ q [q j 

3 = —1 [4] i 2 2 " +1 = 0[4] 2 2 " +1 =2x4" 5 4 2,!+1 = 0[4] . n ^ J*J <> J| 

s 1 2,,+1 +3 2h+1 = 0[4] J 3 2 " +1 = -1 2 " +1 [4] 

. 1 2 " +1 +2 2 " +1 +3 2 " +1 +4 2 " +1 =0[4] JUbj 

• 7254" =0[9] 7254 = 0[9] <j4 9 4 18 j* 7254 jjJI f liJ [JSJ 

. 3532" = 0[2] 3532 =0[2] o4 3532 jjJI 

. 1785" = 0 [5] 1785 =0[5] 

. 51502" =0[ll] <±.j 51502 =0[11] 
6" = 6 [10] neN* JS jj <> 4^ 3286 374 = 6 374 [10] 3286 = 6[l0] (1 [0 

. 3286 374 =6 [10] 6 374 = 6[10] o4 

4" = 4[12] ineN'^iJil e> Mj76 = 4[l2] (2 
. 76 784 =4[12] 4 784 = 4[l2] o4 

. 3 2 " =2" [7] 9" =2" [7] o4 9 = 2[7] j 3 2 " =9" , h^n q£ 4 0 EHl 

. 3 2 " -2" = 0[7], ^ J£ jJ o- JUbj 

^ n = 3p + 2 jl n = 3p +1 o_£4 3 —1 Uc.L-^> o*4 n o^j4j 2 j 1 , 0 ^ 3 Jc. 77 ai*JI jj (2 

. p e N 

2 2 " +2" +1 = 2 6p+2 + 2 3/,+1 +1,77 = 3p +1 o^ lij 
. 8 2p =1[7 ]j S 7 ’ = 1 [7], p eN JS jJ 8 = l[7] tud • 2 2 " +2" +I = 4x8 2p +2x8 ,J +1 

2 2 " +2" +l = 0[7] <s? t 2 2 " +2" +1 = 7[7] JUbj 
2 2 " + 2" +1 = 2 6p+4 + 2 ip+2 +l,n=3p+2J^y4 
. 8 2p+1 =1[7] j 8 7 ’ = 1 [7], pe N JS 0 -UjjI . 2 2 " +2" +1 = 2x8 2p+1 +4x8 p +1 


2 2 " +2" +1 = 0[7]^ 2 2 " +2" +1 = 7[7] JUbj 

. I;» : n3-i Ij^c. 77 0^4 

3 3 " +2 =4x2" [5] o4 3 3 " +2 =9x2" [5] <iaj 3 3 " =2" [5] o4 3 3 = 2[5] 3 3 =27 (1 



. 2" +4 = 2" [5] 2P) 16 = 1 [5] i 2" +4 =16x2" 

. 3 3,!+2 + 2" +4 = 0 [5] 3 3 ” +2 +2" +4 =5x2"[5] J 3 3,!+2 +2' ,+4 = 4x2"+2" [5] 

3x3 3 " =3x2" [5] 3 3 " =2" [5] (2 

33,1+1 + 2 n+1 =3x2” +2x2" [5] jil 2" +1 =2x2" 
3 3,!+1 + 2" +1 =0[5]^j 3 3 " +1 + 2" +1 =5x2” [5 ]J 
9/z = 0[9] j 10" =1[9] me N <J£ J-' 9 = 0[9]j 10 = l[9] jj|] 

,a = 0[9] J (9/7-1)10" +1 = -lxl + l[9] jil 

. Ljx-nla I Ait 71 (jfLil 

2 6 " +3 =8x13" [17] 2 6 " =13" [17] 2 6 =13[l7] <jil 64 = 13[l7]j 2 6 =64 (1 

. 3 4 " +2 =9x13" [17] 3 4 " =13” [17] 3 4 =13[l7] 2Pj 81 = 13[l7] 3 4 = 81 

. 2 6 " +3 +3 4 " +2 =0[17] jil 2 6 " +3 +3 4 " +2 =17x13” [17] 2 6 " +3 +3 4k+2 = 8x13”+9x13" [17] 

. 2 5 ” +1 =2x 3” [29] 2 5 ” =3" [29] jil 32 = 3[29] j 2 5 " = (2 5 )" =32" (2 

oil 2 5,,+1 +3" +3 =29x3” [29] 2 5,,+1 +3" +3 = 2x3”+27x3" [29] jil 3” +3 =27x3” 

. 2 5,!+ i +3 ” +3 = 0 [ 29 ] 

. 16 1-2-^ J* L -*->9 1 4_i*_nia]l 2 Jc. VI 16 AIi.a+22 ^2 ^21 2j)-9 ^ 7/ 2)^ 12 (1 

- // 4 = 1 [16] jU /I =l[l6] jlS 12 
. n 4 = l[l6] <i< 1 j/2 4 =3 4 [l6] <jU n =3[l6] jlS 12 
./7 4 =1[16] Jt24jn 2 =l[l6] ^ n 2 = (- 9) 2 [16] jli n =5[l6] jlS 12 
■ n 4 = 1 [16] 7i 2 = 1[16] ^ n 2 = 7 2 [16] jUn=7[l6] jlS 14 

- /7 4 = 1 [16] <i<ij iz 2 = l[l6] jU /I = 9[16] jlS 12 

. n 2 =1[16] jiln 4 =9 2 [16] 71 2 =9[16] -u-j tz 2 = (-5) 2 [16] d\* n =11[16] '2 

/i 4 =1[16] 7i 4 = (—3) 4 [l6 ] ai.j 7i = -3[l6] 7i = 13[16] jlS 12 

ti 4 =1[16] 4^j7i =-1[16 ]u^ /i =15[16] jl£ 12 


4j3,2,l,0 (if A5 ts lft7i yiljj (2 
71 4 =r 4 [5] <^A21jj 5 la&LjM ^>+2 n ji n =/'[5] jj {1*2,3,4} Jl r c&A 

4 4 =1[5],3 4 =1[5] , 2 4 =1[5] ,l 4 =l[5] Mj 
. ii 4 =1[5] r 4 =1[5] re {1,2,3,4} J£ jJ <> <j2 


X = 

0 

1 

2 

3 

4 

[5] 

2x = 

0 

2 

4 

1 

3 

[5] 


. x =4[5] 2x =3[5] 


71 = 

0 

1 

2 

3 

4 

5 

6 

[7] 

71 3 = 

0 

1 

1 

6 

1 

6 

6 

[7] 

7? 3 + n — 2 = 

5 

5 

1 

0 

3 

2 

5 




. n =3[7] ab*- « 3 + /7 - 2 = 0[7] 

(i EH 

. 2 6p =1[9] . p ^ jJ 2 6 =1[9] luJ (2 

fc e{l,2,3, 4, 5} f 2 6p+k = r k [9] 

• r „ = r o = 1 uP n = 677 u^ Ip 

• r n = r i = 2 up w = 67 ? +1 jlS lil 

• r „ =r 2 = 4 oP n =6p + 2 o^ 'P 

• r /i = r 3 = ^ oP n = 677+3 o^ 'P 

• r „ = r 4 = 7 oP n = 677+4 (jlS lil 

• r n = r 5 = $ oP 77 = 677+5 o^ 'P 

• 65" = r n [9] oP 2" = r n [9] Mj 65" = 2" [9] , n J£ jJ <> 65 = 2 [9] (3 

65 2011 = 2[9] oP r 2 011 = 6=2 2011 = 6x335 + 1 

. 4 5 = l[ll] -I |Jj] 

» 37 5A ’ = 1 [ll] . ik e N ite JS u-Ai.j 37 5 = l[ll]up 37 5 = 4 5 [ll]37 = 4[ll] 



. 37 5 * +4 = 3[ll] j 37 5 * +3 = 9[ll] i 37 5 * +2 =5[ll]s 37 5A+1 =4[ll] 

. k & 7 j £* x = 3k J\ x =0[3] 14* j 4x = 0[3] J\ 2x = 0[3] 2x =3 y |!j| 

. k e Z <*-« (x, y ) = (3&, 2k ) <i«j y = 2k J\ 2 (3 k ) = 3y o^j+^Pj 
tc =5/: +3 up x = 3[5] J\ 6x = 3[5] olu*-a 11 a j 2x = 1 [5] up 2x =5j +1 2x —5y =1 

y = 2 k +1 5j = 10 k + 5 ul 10 k + 6 = 5y +1 o^+jj^Pj k £ Z 

. k e Z <*-« (x ) = (5k +3,2 k +1) <i«j 


11 a j 5a = -2[6] <o«j 5a = 67?-2 5a-6/3 = -2 <jp 


x = 5a+ 3 

dljx-0 

x = 6/? +1 




7 : 



5(6/c + 2) — 0/3 — 2 iaj o^jj*^Pj k g Z cc — 6 k + 2 & = 2[6] ul —cc = —2[6] 

. k 6 Z £-<s x = 5<z + 3 = 30& +13 up • [3 = 5& + 2 6 (3 — 30k +12 ol 


3* =3 [6] 

2x =2 [6] 


~ 1 [ 2 ] 
-1[3] 


J2.t =2 [4] 
[4jc =1[3] 


. 2 

a =12734 |3 
a = 10 4 + 2x10 3 + 7x10 2 +3x10 + 4 
b =5x10 3 + 7x10 2 + 2x10 + 3 j b =5723 

c =5 x10 5 + 3+x10 3 +10 + 9 j c =503019 





i b =1523 = 6 4 +5x6 3 + 2x6 + 3 i a = 234 = 2x6 2 +3x6 + 4 

. c = 503012 = 5 x 6 5 + 3 x 6 3 + 6 + 2 
■ c =6x7 3 + 2x7 + 1 = 6021 j b =5x7 2 +2x7 =520 . a = 7 3 + 2x7 2 +3x7 + 5 = 1235 gQ 

.=4a 5 +2<2 3 + (3 + 3 = 40213 |0 
• X = 7 “Lsji X >1 — I 

1035 = 7 3 +0x7 2 +3x7 + 5 j 2306 = 2x7 3 +3x7 2 +0x7 + 6 - m 
< 7 = lx2 2 +lx2 + l = fII « 4 = lx2 2 +0x2 + 0 = 100 . 2 = 1x2 + 0 = 10 EfSI 

. 33 = lx2 5 +1 = 10001 

. n=2x 2 +x+4 i n = 2 6 + 2 5 + 2 3 + 2 2 +1 = 109 
. 7 (jil . x =—— ‘ x =7 elix-oj 2x ~ +x —105 = 0 2x“+x +4 = 109 (jij 

2x 3 -8.x 2 -10.x; =0jx>5 J 2x 3 +3 = (2x + l)(4x + 3)j x >5 2003 = 21x43 JJj] 

. x =10 J\ 2.x: 2 -8.x-10 = 0 
4x 2 +x +1 = (jc +5)(2jc +3) 4U = 15x23-igU 
. x = 7 j* jil jc= 7 J x = -1 csl x 2 -6x -7 = 0 2.x 2 -12.x -14 = 0 J\ 

• a =1 a — 2ci = 0 ( 2 ci +l) (o + 4) = 3(3 + 2 ci + 4 21x14 = 324 - sh 

12.x 3 + 7.x 2 + 7.x = 2886 2888 = (4.x 2 +.x + 2)(3 jc +1) ^ 2888 = 442x31 --?> 

• x +5 jil 2886 = 1[5] 12.x 3 +7.x 2 +7x =0[5] <i* * =5 '4 x >5 tud 

. x = 6 12x6 3 +7x6 2 +7x6 = 2886 : Uj 

. x = 8 j x 2 - 7.x -8 = 0 olja-a x > 7 j-o x 2 + 6x + 2 = 7.x + 7 + 6.x + 3 -' 

77x63 = (7x8+ 7)(6x8 + 3) = 3213 
3213 = 8x401 + 5 = 8(8(8x6 + 2) + l) + 5 --?> 
. 3213 = 6x8 3 + 2x8 2 +8 + 5 = 62l5 

. ci >7 .ut <J£ i_l=J ^+0 IjiAj (33 + 2) (2(3 + 3) = 2(?“ +7(3 + 6 • 12x23 = 276 -' 
x = —3 + V6 (_sl x + 6.x + 3 = 0 oU*-oj 5x +4.x +l = (2.x +2)(3.x +2) 541 = 22x32 -*+ 

541 = 22x32 ajs i ._ n5i iJ\ V jil x = —3 — V6 J 

100 = 1100101 J\ 100 = 64 + 32 + 4 = 2 6 + 2 5 + 2 2 \ 10 = lx2 3 + 0 x 2 2 +1x2 + 0 = 1010 [£] 
72881 = 3xl2 4 +6xl2 3 + 2xl2 2 +1x12 + 5 72881 = 12(l2(l2x(l2x3 + 6) + 2) + l) + 5 

12 o&Ji I ^ 72881 = 36215 

72881 = 422324 ^72881 = 4x7 5 + 2x7 4 +2x7 3 +3x7 2 + 2x7+ 4 liij 7 5 < 72881 < 7 6 

. 3752 = 3x8 3 +7x8 2 +5x8 + 2 = 2026 IB 
^ 12 3 <4523 < 12 4 : tud 6175 = 4523 « 6175 = 6 x 9 3 +lx9 2 +7x9 + 5 J0 
. a = 11 4^ 4523 = 274a jil 4523 = 2xl2 3 +7xl2 2 +4x12 + 11 




234 = 2x7 2 +3x7-50 i 234 = 2x(7-2) 2 +3x(7-2) + 4 J 234 = 2x5 2 +3x5 + 4 


234 = 1x7 2 +2x7 + 6 = 126 

1040 = 2 x 7 2 + 6 x 7 + 5 = 265 i 1040 = 7 3 -6x7 2 +12x7+ 12 i I040 = 5 3 + 4 x 5 = (7 - 2) 3 + 20 
. a 3 = lxa 3 + Oxa 2 + Oxa + 0 = 1000j a 2 = Ixa 2 +0xa + 0 = 100 t <3=lxa + 0 = 10 
• 0 < < 9 tlua. A = Cl n Cl n r ..Cl () is j4aJI (jjiluiSfl ^Uaill (_ji <■ . n5j A j (J^a jij 

jaijjlO” = l[3] wgN j* IuAj A = cj n 10" + £i„_ 1 10" 1 +... + a 0 <j-oj 

. 5 =0[3] A =0[3] jit A =S [3] A =a n +a n _ l +...+a Q [3] 
y =a 0 +a, +... + «„ [9] j x =a n +a n _ l + ... + a 0 [9] * y =a 0 a l ..a n * x =a n o n _ v .xi 0 

■ x - y = 0 [9] <i«j 

(1 gj 


. 3 + 3 = 1x4 + 2 = 12 . 4 = 1x4 + 0 = 10 

111 

3223 

. 3223 + 132 = 10021 jit + 132 (2 

= 10021 
(i si 


. 3 + 3 = 1x4 + 2 = 12 * 3x3 = 2x4 + 1 = 21 


2 2 2 


X 

p 

12 

3 

3 

3223x123 = 1203021 jit 

2 

L3 

■ 2 

3( 

11 

2 : 

:o 

.2 

1 

• (2 

] 

2 C 

0 ! 

92 

1 


213 


X 

0 

1 

2 

3 

0 

0 

0 

0 

0 

i 

0 

1 

2 

3 

2 

0 

2 

10 

12 

3 

0 

3 

12 

21 


+ 

0 

1 

2 

3 

0 

0 

1 

2 

3 

1 

1 

2 

3 

10 

2 

2 

3 

10 

11 

3 

3 

10 

11 

12 


x 14 431 

• 1412 * -132 
213. 244 


3421 
+ 230 



4201 


4042 






27 
x 41 


400 a 
27 . -39/31 
104. 213 



1067 

Z cjliaijAll. 1 

. 2 5 = 2[10] . 2 4 =6[10] . 2 3 =8[10] . 2 2 =4[l0] . 2 = 2[l0] * 2° = l[l0]-ig| 

(<*4 j£ ilL) 6" = 6 [10] . n eN‘ JS jJ <> 44 
2 4 " = 6" [10] . p e N JS J=J u- a'4 2 4 = 6[10] 
2 4p+3 = 8[l0] i 2 4p+2 = 4[10] i 2 4p+1 = 2[l0] 2 4/,+4 =6[l0] ai.j 2 4p+4 = 6 4 [10] jil 

. 10 C3 ^3i_j jJ 44C- (J£ - 4-1 

<ol=J jAj 2° = 1 (jli 77 = 0 jli I j] 

• 6 2" -L4 j4j jji 1 6 N /7 — 4fc <jl£ lij 

. 2 ja 2” 4-4 (jp 1 £ N 77 = 4k +1 (jlS lij 

.4 jA 2" 44 fij (jU k e 77 = 4£ +2 jl4 lij 

• 8 2 n 44 jU k e Nf 77 =4k +3 <jl4 14 

35 48 9 x 25 34 31 =8 9 x 4 31 [10] 

. 3548 9 x 2534 31 = 2 27 x 2 62 [10] J\ 
j 89 = 4x22 + 1 L4, 3548 9 x2534 31 = 2 89 [10] 
35 48 9 x 25 34 31 =2[10] 2 89 = 2[l0] 

. 2 ja 3548 9 x 2534 31 44 j4 
51 2008 = 1[100] J\ (51 2 ) 1004 =l[lOO] <j451 2 = 1 [lOO] <i«j51 2 = 2601 gjj 

. 0 4j3 Loj 1 _jA jj4^I ^4^ 2p) 

■ a = l[3] Uj a = 0[3] 4j <3 = -l[3] 14 44 <3 ^ J£] |jj|j|| 

xy (x 2 -y 2 ) = 0[3] ul *y = 0[3] jx = 0[3] 24 '4 



i^.J^-it 3 ] t Jx^l[3] 
l i 3 ] a 1 y —1[3] J jy =-i[3] J 


jx =-l[3] 
\y - _ i[3] J 


jx = l[3] 

b-i[3] u 


t£ 14 


•xy (x 2 -y 2 ) = 0[3] <j4 


77 '+3t? 2 +3t?+1-8 = ( 77 +l) 3 -8 Hj| 
(77 +1) 3 =0[8] oiix-a 77 3 + 3tz 2 + 3/7 -7 = 0[8] 


77 = 

0 

1 

2 

3 

4 

5 

6 

7 

[8] 

77 +1 = 

1 

2 

3 

4 

5 

6 

7 

0 

[8] 
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. n 


. n = 7[8] J n=5[8]j « = 3[8] J n=l[S] A*- n 3 +3n 2 + 3n -7 = 0[8] jij 
6p 2 6p -1 = 0[9] csl 2 6p =1[9] * 2 6 =l[9] -1 

tndj A =8 2/I -1 ^ A =2"-1 = (2 3 ) 2 ''-1 jU n =6 p ^ li] _ M 


N =(« 2 -l)(« 2 -4) 
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[5] 
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[5] 

/ 7 2 -1 = 
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[5] 

/ 7 2 -4 = 
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2 

[5] 

A/' = 

4 
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0 

0 

[5] 


/V =0[5] n ^0[5] I jj j 


AA = n {2n +\){ln +1) |jj?3 
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A = 77 2 - 77 + 1 - ' 
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[7] 
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[7] 
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[7] 


■ n =3[7] A =0[7] - m 


.5 =3[7] JUbj A =3[7] n = 2[7] ai.j n = 2753 >3 *5 = 2753 2 -2753 + 1 


A = 2/7 : 


+ 2 
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77 2 = 
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77 3 = 

0 

1 

1 

6 

1 

6 

6 

[7] 

2/7 3 = 
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[7] 
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6 

[7] 


4 3,!+2 =2 [7] i 4 


3n+l 


n =2[7] Afc- 2n 3 -n 2 + 2 = 0[7] 
= 4[7] <ukj 4 3 '' =1[7] <ne N <jJ ^ j 4 3 =l[7]- 

A^ jj-kiaj ■ 


851 3 " +851 2 ” +851" + 2: 


: 851 3 " = 1[7] J 851 3 " =4 3 "[7] « n e N JS jJ u- 851 = 4[7] 

Af =4" (4" +l) + 3[7] csl A/' = 4 2 " +4" +3[7] 
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[3] 

4" = 
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[7] 

4" +1 = 
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[7] 

N = 
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1 

[7] 


. 7 3i+2 =4[9] i 7 3i+l =7[9] l 3k =1[9] . it e N jJ o- 7 3 = l[9] - gTFI 








7" +3/7-1= A 


- 2_1 

. A =0[9] J A = 1 + 0—1[9] A = 7 3 * +9 k -1 <jU n =3 k rfZ A] 
. A =0[9] J\ A =7+0 + 2[9] <i«j A = 7 3ir+1 + 9 k + 2 Ja n =3 k +1 jl£ U] 
. A =0[9] J A =4 + 0 + 5[9] A = l 3k+2 +9k + 5 jU n =3 k +2 ^ Al 


X = 

0 

1 

2 

3 

4 

5 

6 

7 

[8] 

3.x = 
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5 

[8] 


. x =5 [8] ^ 3.x =7 [8] 

. 2x 2 = l[3] # U«- 8.x 2 =16 [3] | | 
2.x 2 = 0[3] x 2 = 1[3] jS x 2 =0[3] <i.j 2 . 1 * 0 a 3 > x ^ ^SljJI 

2x 2 =2 [3] j 

(ja^j x jjc. J ia.jj V j2.x 2 = 2 [3] L«jj 2x 2 = 0 [3] 21 x > ^1 ^ jjj 

• 2.x 2 =1[3] 

2 3A+2 = 4 [7] . 2 3t+1 = 2[7] 2 ik = 1[7] . leN jJ <> 2 3 = l[7] - i |§] 

. 3 6k+3 =6[7] « 3 6A+2 = 2[7] . 3 6t+1 =3[7] JIAUj 3 6A ' =l[7] . leN jJ <> 3 6 =l[7] 

. 3 6t+s =5 [7] j 3 6k+4 = 4[7] 
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3" = 
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[7] 

2" +3" = 
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2 

[7] 


x =3[6] # U>- 2 A + 3* =0[7] 

. 5 5 = 1 [l l] . 3 5 = 1 [l l] QQ 


5 A -3* =5 [11] # U- 5 A -3 A + 6 = 0 [l l] 
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[5] 

5 A = 
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9 

in] 

3 A = 
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3 
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5 

4 

in] 

ill 

s-i 
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in 
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. x =4[5] j x =2[5] 5 V -3 A =5[ll] 
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[5] 

X 2 = 
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[5] 


J s+j x 2 = 5y 2 + 3 (x,y) <A All ^£1 jil x 2 =5y 2 +3 x 2 -5y 2 =3 - + 

. (j^ax JJC. I2j X” = 3 [5] 


J = 
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[7] 
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2y 3 = 
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jli 2y 3 =-7+ 2 +3 ( x ,y) ibASIl c^l£ Ip . 2y 3 = -lx 2 +3 # U>- lx 2 + 2y 3 = 3 - M 

. ^La. (Jjsj V lx ~ + 2y 3 = 3 jjc. I 1aj 2y 3 = 3 [7] 

. 3 r =3[8] x jlS lijj 3 A = 1 [ 8 ] oP P+jj * 'P (1 Qj] 
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[8] 

(2 

J 2 
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4 
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1 

[8] 



. jjc IIaj y 2 = 3[8] jp y 2 + 8 = 3 [8] ai«j 3 a = 3[8] jli P-aja .* 'P (3 

. 8 ^.15(3" +y ) a^j 8 = (3" -y )(3" +y ) <jp * 3 2 " -y 2 = (3" -y )(3" +y ) i x =2 n (4 

• 3” <8 (jji y (j) Laj 3” + y <8 <_j4J 

y 2 =9-8 = 1 jt y 2 = 1 — 8 = —7 ji] y 2 =3 2 " -8 Mj n = 1 j n =0 jp 3" <8 (5 
. (2,1) aJjIx^II Jjkaj o^ja.jll AjuLull Jtllljj x = 2/7 = 2 IjjJj y = 1 Jllllljj 

// = 2[3] J // = l[3] oP yJ ;? jl£ lijj 2 j 1 t 0 3 ^ p ^ a^ 4 ^aljj (1 

• P = —1[3] J p = l[3] oP 

P — 2 k + 1 dua. h .12*. jJ jA U^j 2 4_Ajaiall (JjjL V Jjl l-lC- p (2 

p 2 -l = 4£ (Jfc +1) yli, p 2 =4/t 2 +4/k +1 eft 

, 7 =; /_l = (p 2 _l)(p 2 + l) 

. ffeN p 2 +1 = la op p 2 +\ = 4k 2 +4k + l = l(lk 2 + lk +l) 

. p ~ — 1 = $j3 Aiaj /3 e N k ( k +1) — 2/? op ^=>-00 a^c. o* & (& +1) 

.77 =(p 2 -l)(// 2 +l) = 16fl^ JUPj 


P 
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[5] 

(3 

P 4 
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1 

[5] 


P 4 - 1 

0 

0 

0 

0 

[5] 



• 100077 = 77 [ill] ‘ 77 J£ Ja.1 Cy> op 1000 = l[lll]Ai.j 999 = 0[l 11] - i (1 {U 

Aicj 1000/7 = 77 [l 11] j n = 0 [l 11] lU^ 77 =111 111111 = 111000 + 111 -V 

. 1000/7 +77 =0 [111] oP 1000/7 =0 [111] 
100 010 001 = 1000 00000 + 10000 + 1 i 100 010 001 = 100010000 + 1 

100 010 001 = 1000(1000x100 + 10)+ 1 
op 1000(1000x100 + 10) = 110[111] a_±aj 1000x100 + 10 = 100 + 10[111] 
100 010 001 = 0[111] i 1000(1000x100 +10) +1 = 0[111] i 1000(1000x100 + 10) +1 = 111[111] 

. a = 100 010 000 001 

a = 0[m]J a = 100+ 10 + 1 [ill]jpa = 1000 2 (100 0x100 + 10 ) + l ia = 100 010 000 000 + 1 

77 =100000 £—3.100000 = 1[11 111] ai«j 99999 = 0[11 111] (2 
i ^ = (1 001 000 0 + 10)77+1000 + 1 */? = 1001 001 000 000+ 1000 + 1 4 ^ = 1001001001001 

^ = ( 1 000 000 0 +1 000 0 +10) 77 +1000 +1 




jB = ( 1 00/7 +1 000 0 + 10)77 +1000 + 1 
.^ = 0[11111] . = 11111[11 111]*= 10110+1001[11 111] 
r = 2[8] jil r = 8(k -13 k ') + 2 J 104 k '+r=8k +2 a = l04k '+r i a = 8k +2 (1 0J 


102 . 

• a <12 i a< - is\ 8« + 2<104 j aeN ^ r = 8a + 2 - <+ 

8 

. r =3[13] jil r =13(yt -8£ ') + 3 J 104 k '+r=l3k +3 a = l04k '+r i a=l3k +3 (2 

.j3<lij3<^-J 13^ + 3 < 104 j r=l3j3 + 3 - m 

r e {16,42,68,94} oil Lpja y/? i) >■ . (2 <j4J 221 c. /■ j! (1 (3 


A — Z, # 

. r = 42 ^ (3^j ^41 -Uyallj -€E PI jj5L (jl i> ,i ij^lj 

8 

. 5 5 = l[ll] , 5 4 =9[11] , 5 3 =4[11] , 5 2 =3[ll] , 5 = 5[ll] (1 g|] 
. 5 5p =1[11] , p ^ J£ jj 5 5 = 1 [11] (2 

. 5 5p+k = 5 k [11] csl 5 a x5 5p = 5 k [11] <jU k e {1,2,3,4} 'i]j 
. 5 5p+4 = 5 4 [l l] ,5 5/,+3 = 5 3 [ll] , 5 5p+2 = 5 2 [ll] , 5 5/,+1 =5[ll] 
.5 5p+4 =9[ll] , 5 5p+3 — 4[l l] ,5 5p+2 = 3 [l l] , 5 5/,+1 =5[ll] jil 
_ 5 2008 _ 5 1428 = 0 [ 11 ]^ 5 2008 _ 5 1428 =( 4 _ 4 )[ n ] ^ 2008 = 5x401 + 3 , 1428 = 5x245 + 3 (3 

. 3 6 =l[7] j 3 5 =5[7] , 3 4 =4[7] , 3 3 =6[7] , 3 2 = 2[7] , 3 = 3[7] (1 |g[ 

3 6p = 1[7] , p ^ jj j- Ai.j 3 6 = 1[7] (2 
. 3 6P+A = 3* [7] J 3 k x3 6P = 3 k [7] cP k e {1,2,3,4,5} lilj 

. 3 6P+5 =5[7] , 3 6P+4 =4[7] ,3 6p+3 =6[7], 3 6P+2 =2[7], 3 6p+i =3[7] 

. 3 1988 = 2[7] Ai.j 1988 = 6x331 + 2 (3 


,10 1408 = 4[7] 3 i408 = 4 [7] <ji] 1408 = 6x234 + 4 tud, 10 1408 = 3 1408 [7] 10 = 3[7] 

. 9 3 " 42 = 2 3,,+2 [7] , 77 ^*1= j.^ 9 e 2 [7] 

9 3h+ " =4[7] & 4x8" =4xl[7] , 77 2^ J£ jj qaj 2 3n+2 =4x2 3 " =4x8" tud, 

<j4 3 1988 +10 1408 +9 3 " +2 =10[7] ^ 3 1988 +10 1408 +9 3 " +2 =(2 + 4 + 4)[7] jrlMI 

-3 1988 + 10 1408 +9 3» + 2 ^ 3 [ 7 ] 
.3 J»7 ^ j 3 1988 +1() 1408 + 9 3„ + 2j ^ JLijfrl 4^51! <jij 

. 2 4 = 1 [5] , 2 3 = 3[5] , 2 2 = 4[5] , 2 = 2[5] (lgg] 

2 4 '' = l[5] , p 22 c. (3?.l 2 4 = 1 [5] • cLiU-UiLluVI 

. 2 4p+3 =3[5] , 2 4p+2 = 4[5] , 2 4p+l = 2[5] <jil 
3 4p = l[5] J 3 4p = 2 4p [5] , p ^^^^^3 = -2[5] 

. 3 4p+3 = 2[5]^j 3 4p+3 = 27[5] , 3 4p+2 =4[5] 3 4p+2 =9[5] , 3 4p+1 =3[5] 



77 = 

4p 

4p +1 4p + 2 4p+3 peN 

2" = 

1 

2 

4 

3 

[5] 

3" = 

1 

3 

4 

2 

[5] 


,2 14 =4[5] <jil 14 = 4x3 + 2 (2 
. 3 1(, =4[5] 10 = 4x2 + 2 

2x3 4 " +i -2 4 " =5[5] 2x 3 4 " +1 -2 4 " =2x3-l[5] (3 

. 2x 3 4 " +1 -2 4 " =0[5] jU 5 = 0[5] J L* 
5 6 =l[7] 5 3 = -l[7] J 5 3 = —8[7] <i«j5 = -2[7] (1^01 

5 6A = 1 [ 7 ] , k (_ yg . nl? Aic. (J£ (Ja.1 (jx JIjIIjj 

5 6A+1 =5 [7] : InJ jjljj 
5 6A+2 =4[7] J 5 6k+2 =25[7] 
5 6A+3 =6[7] J 5 6A+3 = 20[7] 
5 6A+4 = 2[7] J\ 5 6A+4 = 30 [7] 

. 5 6A+5 =3[7] J\ 5 6A+5 =10[7] 

. 6 2 " = 1[7] J 6 2 " = (-1) 2 [7] , n At <J£ (> 6 = -l[7] (2 

5" +6 2 " + 3 = (5" +4) [7] (3 

n =5k +6 5" =3[7] 5" = -4[7] # t»-, 5" +4 = 0[7] 5" + 6 2 " +3 = 0[7] 

. k e N 

2 4p =1[5] , p aic. JS <> JtHUj 2 4 =1[5] Ai.j 2 4 =16 luJ (lESI 

, 2 Ap+2 =A[5] , 2 4/,+1 =2[5] 

■ 2 4p+3 =3[5] csl 2 4p+3 =8[5] 
2 3A = 1 [7] , k w 6- JkAjj 2 3 = 1[7] 2 3 = 8 tud (2 

. 2 3A+2 =4[7] , 2 3A+1 =2[7] 

|3f! =6[12] U=2[4] fn=4p + 2 J 2 4 '* 2 =4[5] 

'■ =2[12 1 *“■> { 4 „ s8[12] * L “ j {„ = 2[3] ,L “ j {„ =3 * + 2 | 2 3i+3 =4[7] M<3 

“Uxsj 77 = 4(3/77 ) + 2 j 77 = 3(4777 ) + 2 +laj 77 = 1 2/77 + 2 jU 77 = 2[l2] jlS lil LuJ \ajJLc .j 

| V =4 [5] 

' [2 n =4[7] 

. 1 £ N £-0 77 = 3& +1 3 4_ac.1 > >i .a (77 — l) I 

l + (3£ )2 3A+1 =0[7] l + (/7 -1)2" =0[7] 7 [1 + (t* —1)2"] 

k =1[7] ylf4 -k = —1 [7] csl l + 6fc =0[7] a b*-jl + 3 k (2 3 )" x2 = 0[7]yl£4 

. 77 = 2\p +4 J 77 = 3k +1 = 3(7p +1) + 1 jil 


2 4p+2 =4[5l 

L J IlJ (3 
2 3A+2 =4[7] ' 1 




n -1 = 3[7] j 3 L_ac.l^ (n -1) n -1 = 21 p +3 o!^ n = 21 p + 4 jlS lil 

J\ l + («-l)2"s(l + 3x2)[7]Ai.j. 2" = 2[7] oli 2 3 =l[7] J 1*, 2" = 2 21p+4 = 2(2 3 ) ? '’ +1 

. l + (n-l)2" = 0[7] 

. 4 5 = 1 [l l] , 4 4 =3 [ll] , 4 3 =9 [ll] , 4 2 = 5 [l l] , 4 = 4 [l l] (1 gJJ 
, 4 5p+3 = 9 [l l] , 4 5p+1 = 5 [l l] , 4 5/,+1 = 4[ 11] <4c.j4 5p = 1 [l l] , p ^ a*. ^ = 

. 4 5p+4 = 3 [l l] 

. 1995" =4" [11] 1995 = 4 [l l] (2 

oil 4 10 ' ,+2 =5[11] Aixj 4 Wn+2 = 4 5(2 ") +2 = 4 5p+2 UjjIj 26 10 ” +2 = 4 10 " +2 [ll] Ai.j 26 = 4[ll] 

26 10,,+2 =5 [11] 

6x1995"+26 10 " 42 +7 = (6x4"+l)[ll] J\ 6x1995" +26 10 " +2 +7 = (6x4" +5 + 7)[ll] <j4 
J\ 2(6x4" +l)=0[ll] 6x4" + l = 0[ll] »t«- 6x1995" +26 l0 " +2 +7 = 0[ll] 

4" = 9 [l l] 4" +2 = 0 [l l] 

• peN n = 5p +3 

: ^j5 6p = 1 [7] , p ^4= ^ jJ a- 5 6 = 1 [7] oil 5 3 =-l[7] 5 = -2[7] (l£g| 

. 5 6/,+5 =3[7] , 5 6p+4 =2[7] , 5 6p+3 =6[7] , 5 6p+2 =4[l] , 5 6p+1 =5[7] 

47=5[7] j 26 = 5[7] UjjI (2 
26 6 " +5 = 3[7] 47 12 " +2 = 5 6(2 " )+2 [7] j 26 6 " +s = 5 6 " +5 [7] , «eff t> ji] 

.47 12,1+2 =4 [7] j 

ylfLjj 26 6 " +5 +2 x47 12,1+2 +3 = 14[7] J\ 26 6 " +s + 2 x47 12 " +2 +3 = (3 + 2x4 + 3)[7] 

. 26 6 " +5 +2x47 12,1+2 + 3 = 0[7] 

12 + /1 =0[7] 3(4 + 577) = 0[7] yS&j 4 + 577 =0[7] ^ 26 6 " +5 + 2x47 12 " +2 + 5 n =0[7] (3 

• n= 2 [7] J 

, 3 3p+1 = 3 [13] 3 3p = 1 [13] , p ^4= ^ JS c> a'4 3 3 = 1 [13] 3 3 = 27 (103 

.3 ip+2 =9 [13] 

3" +1 = 1 [13] 3" +1 -1 = 0[l3] yl£jj 40(3" +1 — l) = 0[l3] yli 4(3" +1 -l) = 0[13] (2 

77 +1 = 0[3] 

• n= 2 [3] J 

. 16 3p = 1 [7] , p ^4, Ait JS JJj- JUL, 16 3 =1[7] J 16 3 =2 3 [7] 16 = 2[7] 

J 15(l6" +1 — l) = 1(2x1 —1)[7] -a-, 15(l6" +I -l) = 15(l6xl6 3/J -l)&n =3 p '4 

15 (l6" +1 -l) = 1 [7] 



15(l6" +1 —l) = 1(4x1 —1)[7] aa-j 15(l6" +1 -l) = 15(l6 2 xl6 3/ ’-l) u\*n=3p+l jlS lil 

. 15(l6' ,+1 -l) = 3[7]^ 

J 15 (l6 ,!+1 —l) = 1(8x1 —1)[7] 15(l6" +1 -l) = 15(l6 3 xl6 3p -l) o\*n=3p+2 jlS lil 

. 15 (l6' ,+1 -l) — 0 [7] 

3 4p = l[lO] , p ^ J£ jJ 3 4 =1[10] ai^ 3 4 = 81 -1-(lgg| 

3 4p+3 = 7[l0] , 3 4 p+2 =9[10] , 3 4p+1 =3[l0] 


.63x9 2001 =7[10] J 63x9 2001 = 3x9[l0] ai^ 9 


2001 ->4002 o 4x1000+2 


. 63x9 2001 -7 1422 


. 7 1422 = 9[10] 7 1422 ^ 3 4x355+2 [10] J\ l 1422 = (-3) [10] ^ 7 = -3[l0] 

:8[lO] J 63x9 2001 -7 1422 = —2[10] 63x9 2001 -7 1422 = (7-9)[10] a'4 

3n x9" = 3 n x3 2 " = n x3 2 " 41 UjjI -1 - (2 
7 2,!+ i =-3 2,,+ i[ 10 ] J 7 2,,+1 =(-3) 2,,+1 [10] <^j7 = -3[10] UjjIj 

3/7x9" + 7 2 " 41 =(/7 3 2,,+1 -3 2n+1 )[l0] (jil 
. 3//X9" + 7 2 " +1 =(n -1)3 2 " +1 [10] J 

J3 2n+3 {n -l)3 2n+1 =0[10] (n -l)3 2,!+1 = 0[10] 3« x9"+7 2 " 41 =0[10] 

. n — 1 [10] J n -1 = 0[l0] («-l)3 4n+4 = 0[10] 

3 6 * =1[7] , k J£ jJ 3 6 = l[7] Aiaj 3 3 =-l[7] ^ 27 = — 1[7] (lffi 

. 3 6 " +5 =5[7] , 3 6k+4 = 4[7] , 3 6k+3 = 6[7] , 3 6k+1 = 2[l] , 3 6<:+1 =3[7] 
,4 3/,+1 =4[7] Aukj4 3/, =1[7] ,p aic. J£ j- jabj 4 3 =l[7]<i-j 64 = l[7] 

A 3p+2 = 2[1] 

1424 6,!+1 = 3 6 " +1 [7] ‘2006 3 " 42 =4 3,,+2 [7] , neFf 1424 = 3[7] *2006 = 4[7] (2 

J\ 2x2006 3,,+2 +1424 6 " +I =(2x2 + 3)[7] jil 1424 6 " +1 = 3[7] i 2006 3 " 42 = 2[7] a^j 

. 2x 2006 3,,+2 +1424 6 " +1 =0[7] 
2x3° + 2x3‘ +... + 2x3" = 2(3° + 3 1 +... + 3") (3 


2x3° + 2x3 1 +... + 2x3" =3" +1 -l 
3x4°+ 3x4'+... + 3x4" = 3(4°+ 4 1 +... + 4") 

s n =m 0 +m 1 + ...+m„ =3" +1 +4" +1 -2 jil 3x4° + 3x4' + ... + 3x4" =4" +1 -l 


n = 

0 

1 

2 

3 

4 

5 

[6] 

3" +1 = 

3 

2 

6 

4 

5 

1 

[7] 

4" +1 = 

4 

2 

1 

4 

2 

1 

S n = 

5 

2 

5 

6 

5 

0 


l 4k =1[10] , k ^ JS JJ a- 7 4 = l[lO] ai^j 7 2 = -1[10] ^ 49 = -l[lO] (1 gJJ 

. 7 4A+3 = 3[10] ,7 4 * +2 =9[10],7 4 * +i =7[10] 



. l 4k +l 4k+1 + 7 4A+2 + 7 4A+3 = (1 + 7 + 9 + 3)[lO] 

. T k +l 4k+l +l 4k+2 +l 4k+i = 0 [l 0 ] 
S n = 1 + 7 + 7 2 +... + 7" , bgN ^^(>(2 
5 n+4 = S„ +7' ,+1 +7" +2 +7" +3 +7" +4 
S„ +4 = S„+7" +l (l + 7 + 7 2 +7 3 ) 
.5 , i+ 4 =S„[10] ,n l + 7 + 7 2 +7 3 =0[l0] 

J S 3 = 0[l0], S 3 = 400 » S 2 =7[10], S 2 = 57 i 5,=8[l0] , 5, =8 i S 0 =l[lO] , S 0 =l 

. S 4 = 1 [10] , S 4 =2801 
■ S An = 1[10] n g N JS Jaj qa A_j1 jjl 
• S 4 |I = 1 [ 10 ] 5 0 =1[10] 

s„„=s 4 ,[ 10 ] s 4 „ 1 ) =s 4 ,„ M 

■ S 4n = l[lO] n e N ^ cy 
• S,.„= 8 [ 10] 1# 1 S 4 „i 5 | + 7[10]^S,„,=S ) ,t7“ 
■^,« S V[ 10 ] J 5 4 „^(8 + 9)[10]^ j S 4 „, j =5,..,+7 4 " 2 


4n+l 


4«+3 


•5 4 „« s 0[10] *1.S 4 „,=(7+3)[lO] ^J X 4l „,=S 4 „ 2 +7 

J\ lx +y = lOy +x jit xy = lx +y j yx = lOy +x . 0<y <7 j 0<x <7 
x = 6 J x = 3 x =0[3] oLa-a 4x =0[3] J\ 2x = 0[3] <iaj 2x =3y eA*-« 6x = 9 y 

(x,y) = (6,4) J (x ,y) = (3,2) ji] 
. 0 < y <7i 0 < z <7i 0<x <7: PR 


: J\ 49x +7y + z = 121z +lly +x n = zyx =11 2 z +lly +x j n =xyz =7 2 x +7y + z 
y =12x -30z =6(2x — 5z ) =4*-a 12x -y -30z =0 I^aj 48x — 4y -120z =0 

y = 6 j y =0 ji) 0<y < 7 4j2j y = 0 [6]ji) 
Laj x = 0[5] J\ 6 x =0[5]o4*-a 2x =0[5]<iaj 2x =5z J\ 6(2x - 5z ) = 0 jli y =0 jlS A) 

. z = 2 4j-aj x = 5 jU 0 < x < 7 J 
Iaj x = 3[5] J\ 6x =3[5]o4*-a 2x = 1 [5] 2x =5z +1 J\ 6(2x -5z) = 6 jli y =6 jl£ A] 
(x,y,z ) = (3,6,1) J (x, y,z) = (5,0,2). z =1 x = 3u^ 0<x <1J 
be =555 = 5a 2 + 5a+ 5 i b +c =46 = 4a + 6 i a > 6 
JjA X Aua. X 2 -2(2(7 +3)x + (5<T7 2 +5(7 +5) = 0 +AU-4] 5U laA C J b 

5 = 49 + 16 = 65 » A' = -a 2 + 7a + 4 5 A' = (2a +3) 2 -(5a 2 +5(7+5) 

7 — V65 7 + V 65 . _ 

.(7=7 o- 1 ' 6 < a < 7,53 j-< a <- A > 0 

2 2 

. x ' = 17 + 2 = 19 j x ' = 17 — 2 = 15 <_j4J A' = 4 j x 2 -2(17)x +285 = 0 



. abc = 1995 • (a, b,c ) = (7,15,19) jli 1 <a<b <c 0 0^ 

. x =0[2] J\ 45.x =0[2] *45* = 130 + 28y = 2(65 + 14y) »U«- 45*-28y =130 (1 0[SJ 
56y =0[5] J 28y =0[5] 28y = 45* +130 = 5(9.x +26) 45* -28y =130 

• y =0[5] 

s n = 2x9 3 +9 2 a + 9a + 3 = 90a + 1461 * 0< 0<1 j 0<a<9 (2 

. n = 5x7 3 +7 2 y tf + 7 y tf + 6 = 56/? + 1721 
45a-28^ = 130 J 90a-56^ = 260 90a + 1461 = 56/? + 1721 jil 

.0 = 5 J 0 = 0 jli 0< 0 <7 J Lu ^ = 0[5] j a = 0[2] jil 

28 

•uijjj- a = y csl 45a = 130 jU 0 = 0 o^ I i] 

. ft = 90a + 1461 = 2001 jil . a = 6 J\ 45a = 270 04 0 = 5 jlS lij 

. 0<z<7j0<y<7 i 0 < * < 7 
/V =1332* + 121y +11 z J N =11 3 * + ll 2 y +11 z +* 
Af = 392y + 7* +z J\ N =l i y + l 2 y +lx +z 
5(265* + 2z ) = 27 ly ^ 1325* + 10z =271y J 1332* +121y + llz =392y +7* + z jil 

• y = 5 ol^0<y<7 jLuy =0[5] ahx^j 271 y =0[5] jij 
* — 1 [2] J 265* =271 [2] 265* =21\-2z J 265* +2z =271 

• *= 5j*=3j*=l ol^0<*<7 o' 

z = 3 jU * = 1 <jl£ lil 
jjli z jli * = 3 jlS lij 
JjSj z jli * = 5 0S. lil 
. (*,y ,z ) = (1,5,3) 

n =1271* =9 4 + 2x9 3 +7x9 2 +9+* IBTil 
. ft = 3 + * [8] cjl ft=1+2+7+1+* [8] (1 

. * =5 jU 0<* <9 o' L»jj * = 5[8] J\ x +3 = 0[8] o4*-« n = 0[8] o_A> 

n =1271* =9 4 + 2x9 3 +7x9 2 +9+* (2 
n = 4+* [11] i ft =9 3 (9 + 2) + 7x9 2 +9+* 

. * =7 ol^ 0<* <9 o' * — 7[ll] csl * + 4 = 0[ll] ®U*-« ft = 0[ll] o_& 
« = 2xl0 5 +7xl0 4 + * xlO 3 +8xl0 2 + 5xl0 + y i n =27*85 y . 0<y<9j0<*<9 |[J| 

ft = —2 + 7 — * + 8 — 5 + y [ll]j ft = 2 + 7+ * + 8 + 5 + y (3] 
ft = -* + 8 + y [l l] j ft = * +1 + y [3] 

-* +8 + y = 0[ll] j * + l + y =0[3] ®U*-o n =0[ll] j ft = 0[3] 

• x - y =8[ll] j * + y = 2[3] J 



x —y = —3 [l l] ol-a-a x —y = 8 [l l] 
(x,y )e {(0,3),(1,4),(2,5),(3,6),(4,7),^, 
(5,8),(6,9),(8,0),(9,1)} 
(x,y)e{(l,4),(4,7),(8,0)} <jUx+y =2[3] 
n = 278850 j n = 274857 




jl 77 


=271854 


. x =0[7] o\z 15 = 1[7] J Luj 3x5x = 0x5(7] jli 3x =0[7] jlS li] (1 
. 3x =0[7] 3x = 3x0(7] jU x = 0[7] jl£ li] 

Af = ci n 10” + ci n 10" 1 +... + 77^ 10 + o,q N = a n a n _ 1 ..ja l a 0 (2 

Af = 77 n 10" * +(3 n _|10” " + ... + 77 2 1 0 + 6lj N ' = U n U n _^..Xly 

N = 10JV ’+a 0 jil ION ' = a n 10" + a„_ 1 10"“ 1 +... + a 2 10 2 * + a t 10 
3(N 2a 0 ) = 0[7] 3N -6a 0 = 0(7] J\ ION '+a 0 = 0(7] N =0[7] 

. ^ ut.i'n TV — 2a 0 -0[7] 

J 1050-14 = 0(7] 10507=0(7] J 10515-8 = 0(7] 105154 = 0(7] (3 

7=0(7] J 9-2 = 0[7] 91 = 0(7] J 103-12 = 0[7] 1036 = 0[7] 

. 105154 = 0[7] 7=0(7] 

•J&i 2629 = 0[7] i 2635-6 = 0(7] ^ 26353 = 0[7] i 26357-4 = 0(7] 263572 = 0(7] 

Jjsj V 263572 (jil jjc. IjiAj 16 = 0[7l 


94-8 = nf7l . iK, 94A = nf7l 






. 7 ^1^- A 


■ N 1 = a„10 +a n _jlO 


2 +... + t7 2 10 +u l ‘ N — 77 n 10" + G (i | 1 0” +... + a^O + u 0 (1 

4(10N '+a 0 ) = 0[l3] ION '+a 0 = 0(13] N = 0(13] • N = 10N ’+a Q 


40 = 1 [13] jV N '+4a 0 =0[13] J 40N ’+4a 0 =0[l3] 


J 16314 + 16 = 0(13] 163144 = 0(13] J 163121 + 24 = 0(13] 1631216 = 0(13] (2 

17 + 20 = 0(13] 175 = 0(13] J 163 + 12 = 0(13] 1633 = 0(13] 16330 = 0(13] 

. 13 Jc. 2u-Sil V 1631216 oil 37=0(13] J\ 

<J \486623 + 32 = 0[l3] »U- 4866238 = 0(13] J 4866202 + 36 = 0(13] 48662029 = 0(13] 

J 4868 + 20 = 0(13] 48685 = 0(13] J 48665 + 20 = 0(13] oU- 486655 = 0(13] 

5 + 8 = 0(13] J 52 = 0(13] 520 = 0(13] J 488 + 32 = 0(13] 4888 = 0(13] 


. 48662029 = 0(13] 13 = 0(13] 


• (cf + 77 + 1 )}t 7 —77 + 1 ) 


; ci 4 5 + 77 +1 


10101 — lX77 4 +OX77~+lX 77 + 0X77 + 1 111 — <3 +77+1 . 77 >1 4.ua. 77 (2 

111 10101 = lll(a 2 -a + l) J\ 10101 = (a 2 + a + l)(a 2 -a + l) 10101 = a +a 2 +1 


. 10101 



. a 2 -a+l = J3a + l = J3\ a —a +1 = ( a -1 )a +1 J^UJI 

100 \ — Q 2 + l = (a + l)(a~ — a +1) j 11= (7+1 Li)-4 Cl .belli ^Hilll ^ ^1 

. 11 i*J2\ 1001 itall 1001 =ll(a 2 —a + l) J 

■ a 2 -a +1 = (a-l)a + l = j3l J\ +* J^>UJ (2 

1001 = 11x^1 (3 
1001 = 11x91 jjlj 10 o&Ji\ J 

. ^1 = 11x12 + 1 = 133 . il = 12 + 1 = 13 . 1001 = 12 3 +1 = 1729 tud 12 ^ f Ui21 J 

. 13x133 = 1729 UjjIj 

t a iLaiVi ^ jjSja a > 3 jlS lij 4i«j (a + l) 3 = a 3 + 3<r/ 2 + 3a + l i a (j£4 (1 

. (a + l) 3 =1331 

(a + l) = a + 4a + 6a” + 4a + 1 s (a + l) = (a + 3a + 3a + l)(a + l) (2 
.( a + l) 4 =14641 t a (__yuLaiVl (_ji (jjSjs a > 6 jlS lij 
^ 2 + 2/7 = (/7 2 +l) + (2/7 -1) = 1(2/7 -1) i /7 2 +2 = (/7 2 +l) + l = ll (1 

s (a 2 + 2) 2 = (/7 2 +1) 2 + 2(/7 2 +1) +1 = 121 i (/7 2 +2) 2 = [(/7 2 + l) + l] 2 

. a 4 =(n 2 -l)l i n 4 =(n 4 — l) + l = (n 2 -l)(n 2 + l) + l 
. n = 2 a = 5 (_+LuiVl (J+l (+« — 

.fl = 5 + l = 6j a 2 + 2 = 6 
.1(2/7 -l) = 5 + 3 = 8 j a 2 +2a =8 
-121 = 5 2 +2x5 + 1 = 36 j (a 2 + 2) 2 =36 
.(/7 2 -l)l = 3x5 + l = 16j // 4 =16 
. n =3 tj\ a = 10 J+l — 

.11 = 10 + 1 = 11 j /7 2 +2 = 11 

. 1(2/7-l) = 10 + 5 = 15 j /7 2 + 2// =15 

. 121 = 121 j (// 2 +2) 2 = 121 

.(/7 2 -l)l = 8x10 + 1 = 81 j // 4 =81 
u = n [n 2 + 2) = n (a +1) = na + n = 77/2 (2 
V = // 2 (/I 2 + 2 ) = 72 2 (a + 1) = 72 2 a + 77 2 = 72 2 /2 2 
x = (a — l)a 2 + 2(a — l)a +/ 2 2 =a 3 +a 2 —2a+ / 2 2 i x =u 2 = n 2 (a + 1) =n 2 a~ +2n 2 a + n 2 

■ x = 10( 77 2 — l) 72 2 5 x =a ? +(a —2)a+ /7 2 =a 3 +(/7 2 — l)a+ /7 2 
* 37 =(a-l) 2 a 2 + 2 (a-l) 2 a + (a-l)” * 37 =v 2 =(/ 2 2 a + / 2 2 ) =n 4 a 2 +2n 4 a + n 4 




y — ci — 2 ci +1 — ( n +1 ) ci — 2 ci +1 i y — ci — 2 ci + a + 2 ci — 4 ci + 2 a + ci — 2 ci +1 
y = a 4 -2a 2 +1 = n 2 a 2 +a 2 [n 2 — l) + 1 i y = a 4 — 2a 2 + l = n 2 a 3 + a 2 (a — 2) + l 

.y = ci 4 -2a 2 +1 = ?z 2 (/7 2 -l)01 


A" = 0[2] j ci" = 0[2] A = 0[2] j ci = 0[2]4 l*-« j b j ci J (_>=>jjij (1 (/ 

• ZV =0[2] J\ a 2 -b 2 = 0[2] JUkj 
A 2 = 1 [2] j a 2 = 1 [2] <i»j Z? = l[2] j a = l[2] eU*-# 4 l*-« Z? j a jt 

N =0[2] J a 2 -b 2 = 0[2] JUkj 

Cl AZ (j-aSllj I lAj 1 jx jala AZ (jjfljS 4_lxi. C 2' b J Cl 14 (j4 


6-1^.1 J Aj&Axli b 


■ N = pq o jSj cc +b = q j a-b = p 5 AZ = ¥ -A 2 = (ci -A ) (ci +A) (2 
. (j j p S^.1 j b j ci (J Loj (3 
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[9] 


Ci 2 -250507 =ci 2 -l [9] 
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[9] 

a 2 -250507 
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[9] 

a 2 -l 
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[9] 

a 2 
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y 

[9] 


SJLaJI ci = 1 [9] 9 jjjjjj 8 j 5 4 2 4.ic.V1 Cjj^ <jl ^ — 1 JljJI ^ 

• Ci = 8 [9] J Ci = 1 [9] (J ^ 'A -a-a ' I 
ci L^ ci > V250507 j a < -V250507 a 2 -250507 > 0 <i«j cr -250507 = A 2 _ I (2 

. ci > 501 Aixj ci > 500,51 ¥ ci > V250507 j4 <^*±4= 
. ci ^ 501 jil A =22,23 J b 2 = 494 <j4 a 2 -250507 =501 2 -250507 = 494 

. ci = 503 [9] ai.j 8 = 503 [9] 503 = 8[9] M 4 ci=8[9]o^>-l (3 

.ci = 505[9] ai.j 1 = 505[9] 505 = 1[9]M 4 ci = l[9]^> 

J b 2 = 81 k 2 + 9090k+4518 a 2 -250507 = 81 k 2 + 9090k+4518 a = 505 + 9k _ M 

A 2 =9(9k 2 + 1010k+502) 

. o±jij«b = 3V502 J\ A 2 =4518 UjaI k =0 J=J a- 
kuljall tlua. k 3 .nc. j*-¥ jjj A = 117 ¥ A" = 9x1521=117" 4 j2 k = 1 ck?-^ l>» 
. (ci,A) = (514,117) jakj k= 1 j» (E) m*li (505 + 9A ,A) 

. 250507 = 397x631 ^ 250507 = a 2 -A 2 = (a-A)(a +A) ci 2 -250507 =A 2 (1 (/// 
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631 

397 

234 

163 

71 

21 
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. p gcd(631,397) = 1 


— / «-3?. 

l 2 +3 2 +5 2 = 2 2 -l[2 2 ] J\ l 2 +3 2 +5 2 = 3[4] <iaj l 2 +3 2 +5 2 = 35 = 4x8 + 3 tnd (1 

• n = 3 31 <_4=(2 
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. R^+R^+R^^O 3jk {0,1,4} 4c. 3"° R^ j t /?! 3 .ic.1 ci5lj Jk 3-0 - s- 1 

• x 2 + y 2 + z 2 = 7 [8] tlua. z j j t x k+j 3^aJ V jij 
. n ^ 3 <Lal_*Jl 5JUJ1 _ // 

a^j x 2 + y 2 +z 2 = 2' l p + T-\ = 2 n (p+l)-l ^ x 2 + y 2 +z 2 =(T -l)[2 n ] UjjI (1 

. 3:3a Aac. x 2 + 3 2 + z 2 
• (x + 3 + z )" =x 2 +y 2 +z 2 +2 (xy +xz + yz ) 

. 3.3a Ai& x + y + z csJja jjc (x + y + z ) jij 

. 3jj=>.jj (jjjjJj (jji ki« ja.lj J kj 3 l$K z j y ‘ x jil 

• j 3 z j uk-jj y j x o' j^j (2 
« x 2 = 0[4] jil z 2 =4/ 2 + 4/+1j y 2 =4k . x 2 = 4p 2 <i*j z = 2/ +1 j 3 = 2k . x = 2p ■ t 

. x 2 +y 2 + z 2 =l[4] ^HslLj z 2 ^1[4]j y 2 = 0[4] 
x 2 + y 2 + z 2 = 2" p + 2" -1 = 2" (/? +1) —1 4kj 2" = 4a 3! 2" =0[4] 3I 3 n >3 J k-v 
£-» liAj x ~ + y ~ + z 2 = 3[4] 31 x"+y"+z = — 1 [4] Jtilljj x~+y~+z~ = 4-d (p +1 j — 1 

. 4jja 4K 7 j y t x J okk (3 
. k~\~ k 0 [2] 3I j j .nc. j* 3 »' \. Tu 3^^-^ k~ +k = k (k +1) ■' 

3I kj + = 4A: ” + 4/c +1 = 4(& 2 +k j +1 j ? = 2 k +1 3! 3-3)3 L y»k 3 t 3k ■ + 

r =l[8] 3' t 2 =Sk '+1 3^1 k 2 +k =2 k ' 3U 7t 2 +£ = 0[2] 

. x 2 + y 2 +z 2 = 3[8] z 2 = 1 [8] j y 2 = 1 [8] t x 2 =l[8] 3U . k j 3 k* z j y ‘ x J k 

x 2 + y 2 + z 2 =2" (p+l)-l : 2k3LiJI--* 
a. >jVi' l (j3alij 12* j x 2 + y “ +z 2 —7 [8] 3I x 2 +y“+z 2 — — 1 [8] 3 3 ) 2" = 0[8] 3_k n — 3 ck 3* 

x 2 +y 2 +z 2 = 3[8] 

l$K z j y ‘X Cul£ sljxa ?2 > 3 x 2 + y 2 +z 2 = (2" -l)[2" j (x ,y ,z ) 4u5lij 3 ! a^jj V 3a) 

(x,y ,z ) k 3 -+'■+ <_k 4L3I ^ n = 2 • 3+?-jj 3+kk 3- 1 3 3 W-^ 1 j kj 3 

x 2 + y 2 + z 2 = (2" — l) [2” ] 3^ 




Jj!I 


2u5 ji\ 



iLtdl 


JjStl iauai 

/ 

_ )jt.V \ L_ac.LJaA]l • L^it 

^at.x^Vl t^^luLall M SjiaSS JaLuiiil • 

‘ | JaLjiu 

. LrSf ^ 1 k 90 k C 5 * J] JjVl djjJall lgj3 j^ij ^jll ili Uaail l (1 

■ u,*i.'^ k £* 95 k ur* JJ jjjlSlI (.y^aS\ Lgja j^j ^jII CiUiaAll (2 

M 90 ={0,90,180,270,...,1710,...,86310,86400} (3 
M 95 ={0,95,190,285,...,1710,...,86260,86355} (4 
. M 90 nM 95 ={0,1710,3420,...,83790,85500} (5 


M 90 nM 95 Ac- Ja^Ue. 5^.1 j (jl jt >i-^ Sn J] (jldjjJail 1 $j2 ja .j Ajjljll: CllUaaill (6 

. (J21I e_L^iia 5*j) 1710 (7 

, ax^ILq a*j 27000^ AxjL-31 acLuJI j 1 ■ ^"'-- 5aj 252005 (Jjsl+ AxjL- 31 AcLaJI 

. k =15 k jl-j 14,73 < A: <15,78 ^ 25200 <1710/: <27000 £^jj 

Ajjlj 40 j AL 35 H 16 j 7 acLJI 26650^ i j 4 _*jL 4I 4cL4lj ajuUI acLJI ij^j AJaail l JUlUj 


875 

12,5' 


: 705 j* o+ (jjiajuiJI ciiajll v =A5Km/h 


45000 

3600 


. t =90 u (a (9 
m / 5 = 12,5m / s (b 


$. jjJa]! L^j3 55c. \ + 1 2jl9 t 351^. ^A\M ^J| JjS/( ^ j,^al| ^aj Clll^a]! 55c u 15] 

+ +70 = 95(v +1) JUUjf+70t>il' J5U aJ) 5 jc J\ 

. 18w -19v =5 d 90 u -95v = 95 -70 = 25 t +70 = 95 (v +1) ( jA t = 90 u (c 

18m +18x5 = 19v +19x5 18m-19v =5 = 95-90 = 19x5-18x5 id 

• 18(m +5) = 19(v + 5)<^' 


t £ v j u (e 

Ail Lajj a 4ji (_3aljc c.15^. ^jlJ 1 8 (m -|- 5) <J3+' ^ Aili 19 J 4a^j 19 ( _^lc. A^caall Jjai 18(m 3“ 5) 

(u +5) ^3 ^a-ajjls 19^1 (w 45) cl j '^ 1 cj 3 5_j2aj^i 2 j3] 18 3 .1^' ^ jrf' Ajli 18 ^a Jjl 

v +5 = 18a 5 =>j 18(m + 5) = 19(v + 5) ^ (^*±4= 55 c a ^ u +5 = 19a : J\ 

t =90w =90(19flr-5) = 1710a-450 .(^n^ 55 c a £* v =18a-5 j u = 19a — 5 aa^TU. 
t =1710x15-450 = 25200 u^!l5<a<16,05 J 25200<1710a-450< 27000 if 
.Ajjlij 30 j a 1 i 55 28 j 7 AcUJI J 2 _ulj 0 j Aaj35 0 j 7 AcUJI \ !j\ t = 1710x16 — 450 = 26910 J 

JaLAIll 

/ 

.Al^5 l^J A_i*jJaj ^3 AjIjVI 5l5cVl j Olial^all ajulijj 

is < m ' 



jwsi 


/ 

. UJJ**^ Jlu£l (Jj.W^q C. QjJojJ * 

# jjoiIj1^]1 (J^IxUujI J£ji <^a (.J-aaJI • 

/obk oIaII ^cjUuII p all] <La^L<Jl Cillg 1^ aiill l «V^* plul ,-i£j :JaJl 


Lajji J Sjai-ail aJAjiaI) 

/ 

_a2^VI ^5 II ._ Lila* 

# ^i^La l_l^ 1^£ 4_^l^lial La£ ^1 ^ai (J£joi ^a (J-a*]l • 

:JoJl 


o*>Wl 


AjiiaJadll (jjjLull 

. *JjVi JbcSft. l 


.1429 = 11x129+ . 1429 = 7x204+ ‘5^^ J 3 t >V J 2> *--511 JAi V 1429 -1 
.1429 = 29x49+ .1429 = 23x62+ .1429 = 19x75+ .1429 = 17x84+ .1429 = 13x109 + 


.13 > til—511 a*. *1429 = 41x34+ .1429 = 37x38+ .1429 = 31x46 + 


. jj 1429 - m 
. 90 A^i—a 2 A-ik^aLaJl - i 

Jl . 29.23.19.17.13.11.7.5.3.2 aJjVI aIac-SM Jt *—511 V 853 j V853 = 29,2 -+> 

•jj 853 a*J! 

.Uji (j-1341 -v -Jj 251-' 

• Uj oJ1023 - e 
. J j jjc jAj 77 + 7 = 9 jU n = 2 jVS 141 
. Jjl JJC. jAj 2 Jt A—all (Jjaj lia-jJ jj£j 77+7 ALaj 77 (jli 77 > 2 (jlS lij 

. Ill j (jiul 77 2 + 8/7 + 15 = (t? +3) (77 +5) M 
. Jj 173 a*J! Jl 13 . 11 . 7 . 5 . 3 . 2 Je. *—511 JA V 173 j Vl73 = 13,15 -i 

(x -y)(x +y ) = 173 o4*-« x 2 -y 2 = 173 - <+ 
(x , j ) = (87,86) J x +y = 173 j x -y =1J) 




p +1 p — 1 


Alaj X +y = p J X -y =1 J j Ato /? _ £ 







. ppcm (26,12) = 156 - ' 
. ppcm (18,-15) = 90 - <-j 
. ppcm (-12,-13) = 156 --?■ 

. ppcm (230,128) = 14720 - j 
ppcm (876,1028) = 225132 
9 13 _ 27 + 65 _ 92 _ 23 s 

140 84 ~~ 420 ~~ 420 ~~ 105 


82 _19__1243 # 
75 + 210 ~~ 1050 


55 23 _ 1091 s 

195 + 216 ~~ 2808 


p gcd(a,56) = J ^aj i ppcm (a, 56) = 392 - ' 
. p gcd(a',b ’) = 1 j 56= clb' i a=da' #U*-« 
p gcd (7,7> ’) = 1 jil = Id J\ 56a = 392<r/ Uj^l 


J e {7; 14; 28; 56} ji] /> gcd 7,— =1 ^ 

^ d ) 

• fle{ 49; 98; 196; 392} 

• se {35;70;210;315;630} * ppcm (a,18) = 630-‘r* 
jjjjixll ^-ic-Liaxi 77 -3 jil n -3 = 0[28] j n -3 = 0[35] »U*-« n = 3[28] j n = 3[35] — ' 

. 28 j 35 

ppcm (28,35) = 140 ^ n -3 —i <^4 
. 143 (_jA 77 J^dl 

a = 839 csl a-7 = ppmc (52,64) = 832 44 ! a-1 =52p = 64 p ' a = 52p + 7 = 64/? ’+ 7 

. ppcm ( 77 ,2/7 +1) = 77 (27? +1) 4-i<sj p gcd ( 77 ,2/7 +1) = 1 $ 77 e N* 
ppcm (277 + 2,477 + 2) = 2ppcm (77 + 1. 2n +1) ljj.4 

jil p gcd (77 +1,2/7 +1) = lj 
4i«j ppcm (77 +1,2/7 +1) = (77 +1) (2/7 +1) 

. ppcm (2/7 +2,4/7 + 2) = 2(77 +1)(2/7 +1) 
a = (3 2 " -l)(7 2 " -l) i 77 e N*\ 
<a=(3 n -l)(3" +l)(7" — l)(7" +l) 
jil b 4 a ia =b (3" -l)(7" -l) 

. ppcm (a,b) = a 






.p gcd [a,b)=d 


j a+b = 60 
1 ppcm (a,b) = 40 

. p gcd ( a\b ') = 1 b =db' t c/ = da' 


. a 'b 'd = 40 oZ? = 40d Lua] 
. d ( a '+b ') = 60 a+b = 60 IjjaIj 

■ de {1,2,4,5,10,20} J p gcd (40,60) = 20 ^ d 

dx 2 - 60x +40 = 0 J x 2 -—x + —= 0 5U U * b'j a' <jaI a'b' = — j a'+b' = — UjaI 

d d d d 

jli de {1,2,4,5,10} jlS IaI j A' = 900-40d +* 

. jljxjlk -\J A ' M 

(a',Z>') = (2,l) J {a',b ') = (1,2) ai.j » x " = 2 j x ' = 1 A' = 100 d = 20 <jl* IaI 


csl p gcd (22932,98280) = 3276 ^ d * 


. (a,Z?) = (40,20) J (a,b) = (20,40) 04 1 
J a -Z> = 22932 
|ppcm (a,Z?) = 98280 


252,273,364,468,546,819,1092,1638,3276} 

b = 9828 j a = 32760 a^Aj d = 3276 saj^.j]I 4LaJI 

. ppcm (a,Z?) = 2lxp gcd (a,b) — I 

t«{a,b)e {(d ,21d);(3d ,7d);(7d ,3d);(21d ,d )} a 'b ' = 21 J\ a'b'd = m »b*-<s ab = md 

.d&n* 

■ ppcm (a,Z?) - p gcd( a,b ) = 187 — <_i 
d [a'b l) = 187 = 11x17 m-d =187 
ctfUll ^jAj £ d e {1,11,17,187} 

. . 3 


-2c/ +Z> = 1 . Z/ = 2/7 + 1 i a = n — 1 
-3c/ + 2Z> = 1 . b = 3/7 + 5 i (7 = 2/7 + 3 — m 
• PGCD (\\n + 3,7« + 2) = 1 ob*- 11(7/7 +2) —7(11/7 +3) = 1 jJ jj 4aa> 


• PGCD (/2,/7 2 +l) = 1 

■ {n 3 + l) = 77 2 (ft 4 + 2/7 ) + 1 : Aaj jJulb _ 1 
(jl AAxll J j+ ima, /3 = —/7 ~ j Of = 77 3 + 1 £-AajJ (//' + lj — 77 ~ (/7 4 + 2/7 j = 1 — a_j 

. Lag 'i n Loj 3 jjJjl 77 4 + 2/7 j 77 +1 






■y ~ 


Laja 


jlS 131 


. U-ajC j±« - 4 

(l). . . 2045.x: — 64y =1 42121 (x,y ) J jg> al l Cil5 7L~ 

. PGCD (2045,64) = 1 (1 

. (l) 4Ll*_ali (Ja. ^&(21,67l) • Z” 5La. (J5VI ^jic. (Jjaj (l) 4Ll*_a]l j_)jj 4j&^)Axs i — Uua (2 

oil 2045x21-64x671 = 1 J 2045.x:-64 y =1(3 
2045(x -2l) = 64(y -64) 2045(x -2l)-64(y -64) = 0 

PGCD (2045,64) = lj 2045 (x -21) ^ 64 
64 = 2045 k (jiajjxjlljj 1 6 Z £-<> x — 21 = 64 k ^ x —21 64 (_>=jc- C&jaa ji) 

. Lajil Jiall . 5 


• Laj3 ^ Uua. 7 = l[l l] 

. 7 2521 = 7 [11] 7 2521 = 7 x 7 2520 = 7 x (7 10 ) 252 

. 3 j 5 (j-o cj^ H6Z (Ja.1 tj-o 77 3 = 77 [ 3 ] j 77 = 77 [5] : LojS 4 a j Vi ^ Una 

77 5 — 77 = 0[5] alixa 77 5 = 77 [5] 

jUJ 3 j 5 (jl LaJ 77 5 — 77 = 0 [3] J\ 77 5 = 77 [3] j 77 2 X 77 3 = 77 2 X 77 [3] jt gJJJ 77 ’ = 77 [3] t> 

. 77 5 - 77 = 0 [l 5] jla La^jjj 

■Jj 3 oV x 3 = x [3] (1 

(2 


X = 

0 

1 

2 

3 

[4] 

x 3 = 

0 

1 

0 

3 

[4] 


x =3[4]J x =1[4] j x =0[4] jil 
.x = 3[4] j x = 1 [4] J x =0[4] x 3 = x [12] (3 

cA a\*i\\ jjiLuu. 5 


t 

L_J 

di 

CIj 

E 

C 

t 

J 

i 

J 

j 

LX 

LX 

L>^ 

L>= 

0 
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2 

3 

4 

5 

6 

7 

8 

9 

10 

11 

12 

13 

14 


Ja 

ia 

t 

t 

4_fl 

ti 

d-5 

J 

f 

u 


j 

l£ 

15 

16 

17 

18 

19 

20 

21 

22 

23 

24 

25 

26 

27 


. 28 x + 3 4 _ajoi3 y *>" x 1 —^ y (JjjVili (JLo*iLaAj auIaxj 

." " jA 'jjljaJl " A-oK ( 1 

^ x = y - 3 jli y > 3 jlS I j] ix = y -3 [28] sli** x +3 = y [28] <■ ?)l 2x.^4^2l ,>» y L j£2 (2 

x = y-3 + 28 = y+25 jU y <3 

. a -al-iU :c^luiLua^j j^ 1 cJ^> (3 








